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CHAPTER 1
Introduction and Summary

Spectroscopy can be argued to start with Sir Isaac Newton in his optics ex-
periments describing the rainbow of colors that combine to form white light.
Since then, spectroscopy has played and continues to play a significant role
in astronomy, physics and chemistry. From such spectroscopic investigations
we understand the structure of atoms and molecules. The transition frequen-
cies, line intensities, and natural linewidths provide us with information on
the energy levels, transition probabilities, lifetimes of excited states, and so
on. However, how much information can be obtained from the spectrum de-
pends essentially on the attainable spectral or temporal resolution that can
be achieved. Over the course of history spectroscopic studies were performed
at progressively higher resolution. In this thesis, two different high-resolution
spectroscopic methods, laser-based Doppler-free spectroscopy and synchrotron-
based Fourier-transform absorption spectroscopy are employed. They were
used to investigate the EF 1Σ+

g − X 1Σ+
g system of the H2 molecule and the

A1Π−X1Σ+ system of the CO molecule.
High-resolution spectroscopy is widely used in astrochemistry. There are nearly
180 different molecules identified thus far in the interstellar medium or circum-
stellar shells via their spectra. These spectra reveal properties of distant stars
and galaxies, such as their chemical composition, temperature, density, mass,
distance, luminosity, and relative motion. In order to extract information from
those spectra, high-resolution laboratory spectra are required. Molecular hy-
drogen and carbon monoxide are the first and second most abundant molecules
in outer space, respectively. They are very important to astronomers and physi-
cists as tracers to investigate our universe.
The present research project was funded by NWO and its subsections CW
(Chemical Sciences) and EW (covering Mathematics, Astronomy and Com-
puter Science) via its program ”Dutch Astrochemistry Network”. The focus
was on gas phase molecules, in particular the two most abundant molecules
in the Universe, molecular hydrogen and carbon monoxide. The studies were
performed in connection to observational studies, performed through optical
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1. Introduction and Summary

astronomy, by the Atomic, Molecular and Laser Physics group at VU Univer-
sity, addressing the use of H2 and CO molecules for probing possible variations
of the proton-electron mass ratio (µ) on a cosmological time scale. Observation
of H2 at high redshift, as well as in white dwarf stars, has been covered in a
number of studies by the research group, see Ref. [1, 2, 3, 4, 5, 6]. Since it
was realized that also the A1Π−X1Σ+ electronic system of CO could be used
for probing varying constants in the early Universe [7], and that CO has now
been detected towards the sight line of a number of quasars, the target of spec-
troscopic activities has shifted to probing this molecule at the highest possible
resolution and accuracy. The present study, with a number of high-precision
studies of CO A1Π−X1Σ+ bands, provides the database to search for varying
constants based on CO and from a combination of H2 and CO.
In 1766, Henry Cavendish produced hydrogen gas from the reaction between
different acids and metals [8]. The molecule was later named hydrogen in
1783 by Antoine Lavoisier [9]. In the last century, studies of ever improving
experimental accuracy are confronted with ever improving theoretical calcula-
tions for the H2 molecule. It is a benchmark molecule for testing Quantum
Electro-Dynamics (QED), a theory which can be considered as a perturbative
theory of electromagnetism including effects of the quantum vacuum. The suc-
cess of this theory started in 1947 by Hans Bethe [10], when it explained the
Lamb shift in the hydrogen atom as measured by Lamb and Retherford [11].
At present, QED has been tested to extreme precision by comparing values
for the electron g-factor [12, 13] and also for the Lamb shift measurements in
atomic hydrogen [14, 15]. Tests of QED were recently extended to the neutral
H2 molecule, which is the first molecule to include two electrons, and hence
electron correlation effects. Up until 2010, Wolniewicz [16, 17] produced the
most accurate full ab initio calculations of the H2 X1Σ+

g ground electronic
state, including an estimated QED-correction term, achieving accuracies at
the 10−2 cm−1 level. The measurement of the dissociation energies of H2,
HD and D2 by the Zürich-Amsterdam collaboration [18, 19, 20] were used to
test the newly developed framework for calculating the most recent ab initio
calculations including relativistic and QED terms [21, 22]. These test were
extended to the series of rotational energy levels in the H2 ground state [23]
and to the vibrational ground tone of the molecule [24]. The excellent agree-
ment between the experimental results and theoretical values does not only test
QED theory, but also can be interpreted as giving upper bounds for the range
of new interactions beyond the Standard Model (SM) of physics. In order to
extend the research to highly-excited vibrational states in molecular hydrogen,
we will combine accurate transition frequencies on the EF 1Σ+

g −X 1Σ+
g band,

determined from two-photon Doppler-free laser spectra, with previous accurate
measurements [25, 26] to obtain vibrational splitting frequencies.
The CO molecule was identified as a compound containing carbon and oxygen
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by the Scottish chemist William Cumberland Cruikshank in 1800 [27, 28]. It is
also found in the atmospheres of stars and some planets, as well as in comets
and in the interstellar medium. Recently a number of high-redshift observa-
tions were reported on the A1Π−X1Σ+ system of CO, making this system a
good probe to search for the possible variations of fundamental constants on
cosmological timescale alongside H2. In the SM, the fundamental constants
like the dimensionless proton-to-electron mass ratio and the fine structure con-
stant α assume the role of free parameters in the theory, and the value of these
constants can only be determined by experiment. In order to probe putative
variations of the constants, molecular transition frequencies in laboratories on
earth will be compared with those in quasar absorption systems. This requires
the accurate measurement of transition frequencies and calculation of sensi-
tivity coefficients. In this thesis, we focus on obtaining accurate transition
frequencies for the CO A1Π−X1Σ+ system, against the background of prob-
ing such variations of the proton-to-electron mass ratio µ on a cosmological
timescale. While H2 is generally the molecule of choice, there are benefits for
searching variation of µ using the CO A1Π−X1Σ+ system in that the transi-
tions of A1Π−X1Σ+ system lie outside the Lyman forest, so that high-quality
spectra can be obtained. Moreover the CO A1Π − X1Σ+ transitions can be
combined with H2 transitions in the same cloud to find a possible variation
of µ, providing opportunities to assess systematic effects (that might mimic
the effect of µ−variation). The CO A1Π system is of importance from a pure
molecular physics perspective, in that it exhibits a celebrated case of pertur-
bations between multiple singlet and triplet states. These phenomena have
been amply studied over decades [29], but the present high-resolution studies
described in this thesis provide improved and comprehensive information.

Both variations of the fundamental constants of nature as well as deviations
for QED-theory may probe new interactions beyond the Standard model of
physics. The SM theory concerns the electromagnetic interaction, the weak
interaction and the strong interaction, where the electromagnetic interaction
is many order of magnitudes stronger than other SM interactions, at least at
the typical Ångström-range internuclear distances in molecules, while gravity is
definitely much weaker at all length scales. So the excellent agreement between
experimental results and the theory values does not only test the QED theory,
but also provides upper bounds for the possible existence of new interactions
beyond the Standard Model (SM) of physics.

Outline

In this thesis, laser based Doppler-free high-resolution spectroscopy experi-
ments as well as vacuum ultraviolet Fourier-transform spectroscopy studies
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1. Introduction and Summary

(performed at the DESIRS beamline at the Soleil synchrotron) are described.
The experiments deal with spectra of molecular hydrogen and carbon monox-
ide. The subjects of the chapters of this thesis are outlined below.
In Chapter 2, investigation of the X1Σ+

g , v = 0 → 1 (J = 0 − 2) rovibra-
tional splittings in H2, HD and D2 for testing quantum electrodynamics effect
in molecules is presented. The energies of the splittings are determined at
an absolute accuracy of 2 × 10−4 cm−1. This work on rotational quantum
states J = 1, 2 extends the results reported in Ref. [24] on J = 0. Using a
narrowband Titanium:Sapphire pulsed laser system, transition frequencies in
EF 1Σ+

g −X 1Σ+
g (0, 1) band have been determined. Combined with a previ-

ous accurate measurement on EF, v = 0 level energies, the fundamental ground
tone vibrational splittings are obtained. The excellent agreement between the
experimental results and the calculations provides a stringent test on the ap-
plication of quantum electrodynamics in molecules, and can be used to provide
bounds to new interactions beyond SM.
Chapter 3 extends the H2 results in Chapter 2 to highly excited vibrational
quantum states. The v = 12, J = 0 − 3 rovibrational levels of H2 ground
electronic state are accurately determined by two-photon Doppler-free spec-
troscopy at an accuracy of 3.5×10−3 cm−1. The highly vibrational excited H2

molecules are produced by photodissociation of H2S. A comparison between
the experimental results with the best ab initio calculations shows excellent
agreement.
In Chapter 4, the A1Π − X1Σ+ band system of carbon monoxide is a new
probe to search for possible variations of the proton-electron mass ratio on
cosmological time scales is described. Using VUV Fourier-transform absorption
spectroscopy, transition frequencies of the A1Π − X1Σ+ (v,0) bands for v =
0− 9 have been determined at an accuracy of ∆λ/λ = 1.5× 10−7, providing a
comprehensive and accurate zero-redshift data set. Two-photon Doppler-free
laser spectroscopy has been applied for the (0, 0) and (1, 0) bands, achieving a
3 × 10−8 accuracy level. Accurate sensitivity coefficients Kµ for a varying µ
have been calculated for the CO A1Π−X1Σ+ bands.
In Chapter 5, an analysis of the perturbation effect in the COA1Π−X1Σ+ (0, 0)
and (1, 0) bands is obtained. The data base of CO A1Π−X1Σ+ (0, 0) and (1, 0)
bands is obtained by two different high-resolution spectroscopic methods, a
vacuum ultraviolet Fourier-transform spectrometer and a two-photon Doppler-
free laser spectroscopy, with an accuracy of 0.01-0.02 cm−1 and 0.002 cm−1,
respectively. The combined data were used to perform an improved analysis of
the perturbations by a large number of perturbing states.
Chapter 6 reports on high-precision two-photon Doppler-free frequency mea-
surements of the CO A1Π−X1Σ+ fourth-positive system for (2, 0), (3, 0) and
(4, 0) bands. Due to advanced techniques of two-color 2+1′ resonance-enhanced
multi-photon ionization, Sagnac interferometry, frequency-chirp analysis on the
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pulsed laser, and correction for the AC-Stark shifts, the absolute transition fre-
quencies on the three bands (for J < 6) have been determined at an accuracy
of 1.6× 10−3 cm−1. These accurate transition frequencies serve as calibration
reference lines for synchrotron spectra in the next chapter.
In Chapter 7, the laser-based transition frequencies of Chapter 6 are used to
calibrate and analyze the CO A1Π−X1Σ+ (2, 0), (3, 0) and (4, 0) bands mea-
sured with the VUV-Fourier-transform spectra. Details of the perturbations
in the excited states and interactions with multiple states of singlet and triplet
character are presented.
Chapter 8 presents vacuum-ultraviolet photoabsorption spectra of N2 and CO
recorded at 900 K using a heated free-flowing gas cell in the Fourier-transform
spectrometer end station of the DESIRS beamline at the SOLEIL synchrotron.
Using such a cell enabled the recording of spectral lines with high rotational
quantum numbers. This allowed for the extension of the perturbation analysis
that can be accessed for room temperature absorption setups.
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CHAPTER 2
Precision spectroscopy of the

X 1Σ+
g , v = 0→ 1 (J = 0− 2) rovibrational

splittings in H2, HD and D2

Published as J. Mol. Spectrosc. 300, 44, 2014

Accurate experimental values for the vibrational ground tone or fundamental
vibrational energy splitting of H2, HD, and D2 are presented. Absolute accura-
cies of 2×10−4 cm−1 are obtained from Doppler-free laser spectroscopy applied
in a collisionless environment. The vibrational splitting frequencies are derived
from the combination difference between separate electronic excitations from the
X1Σ+

g , v = 0, J and v = 1, J vibrational states to a common EF 1Σ+
g , v = 0, J

state. The present work on rotational quantum states J = 1, 2 extends the
results reported by Dickenson et al. on J = 0 [Phys. Rev. Lett. 110 (2013)
193601]. The experimental procedures leading to this high accuracy are dis-
cussed in detail. A comparison is made with full ab initio calculations encom-
passing Born-Oppenheimer energies, adiabatic and non-adiabatic corrections,
as well as relativistic corrections and QED-contributions. The present agree-
ment between the experimental results and the calculations provides a stringent
test on the application of quantum electrodynamics in molecules. Furthermore,
the combined experimental-theoretical uncertainty can be interpreted to provide
bounds to new interactions beyond the Standard Model of Physics or fifth forces
between hadrons.
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2. The fundamental ground tone vibration of H2, HD and D2

2.1 Introduction

The first modern explanation of the chemical bond between two neutral hy-
drogen atoms was put forth in 1927 by Heitler and London [30], and is one of
the earliest applications of quantum theory, specifically that of Schrödinger’s
wave mechanics formulation in 1926 [31]. Heitler and London showed that by
accounting for Pauli’s exclusion principle [32] in combining atomic hydrogen
wavefunctions to construct molecular wavefunctions, the existence of a bound
molecular state is explained. Despite their calculated binding energy being
off by some 30% from the contemporary experimental value, their pioneer-
ing quantum mechanical calculation for the stability of molecular hydrogen
ushered the era of quantum chemistry. It is interesting to note that the Born-
Oppenheimer approximation [33] was also proposed in 1927, and this approach
of separating electronic and nuclear motions has largely shaped molecular the-
ory since. The next breakthrough in ab initio potential calculations for H2

was achieved by James and Coolidge in 1933 in their treatment of the (X1Σ+
g )

ground state [34]. Using two-electron wave functions with explicitly correlated
electrons, an approach introduced by Hylleraas for the helium atom [35], they
transcended the concept of electrons being in individual states as used in the
Hartree-Fock method. The James-Coolidge solution relied on the variational
method to determine the correct nonlinear parameters in combining the wave
functions. With a set of only 13 of these wave functions, taken as a truncated
basis to represent the total Hilbert space of infinite dimension, they improved
the minimum energy in the Born-Oppenheimer potential of the X 1Σ+

g state
to 38 300 cm−1. This was a substantial improvement of about 5 500 cm−1 with
respect to the best theoretical values available at the time. Over the years
improvements on the accuracy has been obtained [16, 36, 37, 38, 39, 40], and
important methodical reviews can be found in Refs. [41, 42, 43, 44, 45]. The
achievement of the initial studies of James and Coolidge [34] can best be ap-
preciated considering that further improvement in the calculated potential has
been only 222 cm−1 since then, obtained by Wolniewicz in 1995 with essen-
tially the same method but with a basis of 883 wave functions [17]. At present,
the Born-Oppenheimer potential energy can be evaluated to accuracies better
than 15 digits using more than 22,000 basis functions [46], made possible by
developments in numerical procedures and improvements in computing power.

The precision of the calculated Born-Oppenheimer energy may be considered
exact for the purpose of comparisons with experiment. Corrections beyond the
Born-Oppenheimer approximation need to be evaluated to improve upon the
accuracy of the ab initio values. In addition to adiabatic and nonadiabatic
effects comprising the non-relativistic Born-Oppenheimer corrections, it is also
necessary to account for accurate relativistic and radiative or quantum electro-

8



2.1. Introduction

BO ad nad rel QED Total

-36 746.1623

-2.7725 -0.1563
+0.5276 +0.1999

-36 748.3633 D2

-36 401.9332

-4.2509
-0.3276

+0.5300 +0.1980

-36 405.7828 HD

-36 112.5927

-5.711
-0.4340

+0.5318 +0.1964

-36 118.0695 H2

Figure 2.1 – (Color online) Graphical representation of the level energy con-
tributions (in cm−1) as corrections to the Born-Oppenheimer approximation
level energy, with respect to the dissociation limit, of the X1Σ+

g , v = 0, J = 0
state for H2, HD and D2. BO: Born-Oppenheimer energy; ad: adiabatic; nad:
nonadiabatic; rel: relativistic; QED: radiative corrections.

dynamic (QED) corrections. Until up to 2010, the work of Wolniewicz [17] that
included estimates of radiative corrections, had constituted the state-of-the-art
for calculations of level energies in the X1Σ+

g ground state of molecular hydro-
gen. This led to a calculated energy of the actual ground state (or equivalently
the dissociation limit) to an accuracy 0.01 cm−1. The recent work of Pachucki,
Komasa and co-workers has achieved breakthroughs in the evaluation of nona-
diabatic effects [47, 48] as well as relativistic and radiative corrections [49, 50],
resulting in accurate level energies of X1Σ+

g rovibrational levels [21, 22, 51]. In
Fig. 2.1 the different contributions to the level energy of the lowest quantum
state (X1Σ+

g , v = 0, J = 0) with respect to the dissociation energy of molecular
hydrogen are represented graphically to give an impression of the scale of the
corrections.

Theoretical and experimental efforts on the determination of ground state level

9



2. The fundamental ground tone vibration of H2, HD and D2

energies in molecular hydrogen mutually stimulated improvements on both
fronts as soon as more accurate values were obtained. As an illustration, con-
sider the dissociation energy of the X1Σ+

g ground state, a benchmark quantity
for the comparison of experiment and theory. The experimental determination
of the dissociation energy by Witmer [52] in 1926 already gave results within
3% of the modern value, an order of magnitude better than the Heitler-London
calculations as mentioned. The James-Coolidge calculations in 1933 [34] re-
sulted in a dissociation energy that is within 10−4 of the present value, matched
later by the experimental determination by Beutler in 1935 [53] that was also
accurate to within 10−4. This lively dynamics continued through the 1960s-
1970s, between the experimental efforts of Herzberg and co-workers [54, 55, 56]
and theoretical efforts by Ko los and co-workers [36, 39]. In the middle of the
1990s, the theoretical result of Wolniewicz [17] for the dissociation energy was
expressed in 8 significant digits, although the uncertainty was not explicitly
mentioned. Eyler and co-workers determined the dissociation limit to an accu-
racy of 0.01 cm−1 [57] in 2004, improving upon their previous result [58] using
the same method. The most accurate experimental dissociation energy for H2

was obtained in 2009 by Liu et al. [18], and later extended to D2 [20] and
HD [19]. Remarkably, accurate theoretical values for H2 and D2 dissociation
energies [21] as well as HD [51] were presented a short time thereafter.
Ab initio theory can also be tested through a comparison with the experimental
determinations of level splittings in the rovibrational manifold of the ground
state. Herzberg first predicted, in 1938, that it should be possible to record
rovibrational transitions in the ground state manifold [59], and later discovered
the quadrupole spectrum in 1949 by photographing a total of eight lines in the
(2,0) and (3,0) bands [60]. Subsequently the quadrupole spectrum including the
fundamental (1,0) band was investigated by several other groups, for example
by Rank and co-workers [61, 62]. The measurements by Bragg et al. [63]
greatly improved the accuracy of the spectroscopy of the quadrupole bands
and was until recent years considered as the most accurate work on the direct
measurement of the vibrational splittings. Laser-based direct excitation of the
weaker (4,0) and (5,0) overtone quadrupole bands was performed in the visible
domain [64]. Later investigations using cavity-ring down spectroscopy on the
H2 (3,0) overtone band were carried out by Robie et al. [65] using a pulsed
source and Hu et al. [66, 67] using a cw source. Campargue and co-workers
have recently performed high-resolution determinations of the (2,0) overtone
bands of H2 [68] and D2 [69] using quantum cascade lasers. Maddaloni et
al. [70] performed precision measurements using cavity-ring down techniques
for the fundamental band of D2.
The quadrupole excitations in the ground electronic state described above have
very low transition probabilities. The ground state energy splittings can be de-
termined indirectly from appropriate combinations of dipole-allowed transitions
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2.2. Experiment

between ground state and excited electronic states. For example, the strongest
molecular hydrogen transitions in Lyman (B1Σ+

u –X) and Werner (C1Πu–X)
bands have been used to derive ground state rovibrational constants. Using this
approach, Stanke et al. [71] derived accurate ground state molecular constants
based largely on the experimental data of Dabrowski [72] but also including
quadrupolar transitions. The natural linewidths of transitions in the Lyman
and Werner bands ultimately limit the accuracy that can be achieved [73, 74].

In contrast, the rovibrational levels of the lowest-lying excited singlet gerade
state EF 1Σ+

g of molecular hydrogen have longer natural lifetimes, even up to
150 ns [75], since one-photon transitions to the ground state are forbidden.
The gerade states can be accessed from the ground state through two-photon
spectroscopies, which also allow for more accurate level energy determinations.
This first excited singlet gerade state in molecular hydrogen, the EF 1Σ+

g state,
shown to correspond to a double-well potential [76], has been investigated thor-
oughly over the years. Eyler and coworkers performed a number of laser spec-
troscopic studies of increasing accuracy [57, 77, 78, 79, 80]. A determination of
frequencies of Q-branch transitions in the lowest EF 1Σ+

g −X 1Σ+
g (0,0) band

was performed with improved accuracy by Hannemann et al. [26]. The lowest
rotational levels in the EF 1Σ+

g state derived from the latter study were used
as anchor lines, to which a large number of levels in the excited state manifold,
obtained from high-resolution Fourier-transform studies, were connected to the
ground state [25, 81]. Accurate values for level energies of the high rotational
states up to J = 16 in the E 1Σ+

g , v = 0 electronic state were obtained in
Ref. [23] using UV two-photon spectroscopy.

In this paper, we present accurate experimental and theoretical values for the
fundamental vibrational splitting of H2, D2 and HD. This extends a recent
report [24] on the rotationless ground tone frequencies of hydrogen and its
isotopomers, now also including values for J = 1 and 2 levels. The experimental
determination of the fundamental vibrational splitting is based on combination
differences of the transition frequencies between the X1Σ+

g and EF 1Σ+
g states,

measured by two-photon Doppler-free spectroscopy.

2.2 Experiment

In this study, high-precision UV two-photon spectroscopy is performed on vi-
brationally excited molecular hydrogen to determine the transition frequen-
cies of the Q(0), Q(1) and Q(2) lines in the EF 1Σ+

g − X 1Σ+
g (0, 1) band

for all three isotopomers H2, HD and D2. In combination with the previ-
ous determination by Hannemann et al. [26] for the three Q-branch lines in
the EF 1Σ+

g − X 1Σ+
g (0, 0) band, accurate values of the fundamental ground

tone splittings are obtained for J = 0, 1 and 2 rotational levels. The excitation
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2. The fundamental ground tone vibration of H2, HD and D2

Figure 2.2 – (Color online) Potential energy diagram of molecular hydrogen,
showing the relevant electronic states accessed in the present spectroscopic in-
vestigation. The indirect determination of the fundamental vibrational splitting
E01 relies on the measurement of Q-line transitions the EF 1Σ+

g −X 1Σ+
g (0,1)

band obtained in the present study and on the measurement of the Q-lines in
the EF 1Σ+

g −X 1Σ+
g (0,0) band, obtained in Ref. [26]. The excitation channels

are indicated by (1) and (0), respectively. An auxiliary laser beam of 355-nm
radiation was used in the REMPI detection scheme. The squared moduli of the
vibrational wavefunctions are indicated in the inset.

scheme of the present and previous measurements is drawn in Fig. 2.2, with
the potential energy curves of the relevant electronic states depicted, and the
probed two-photon transitions indicated. The experimental setup is schemati-
cally shown in Fig. 2.3, with blocks representing the narrowband laser source,
the frequency calibration setup and the molecular beam machine in which the
Doppler-free spectroscopy is performed.
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2.2. Experiment

PMT

MCP

TOF

Ions

4th
HG

B.S.

discharge
nozzle Sk.

Molecular
Beam

Sagnac fringes

Experiment

211 nm

Frequency Calibration

Chirp
Detection

Frequency
Comb

AOM

fb

fch

f=f0+nfrep+fb+fch

fiber
Gas
lnlet

ground

-HV

Ti:Sa
cw Laser
844 nm

Nd:YAG
Pump Laser

532 nm

Laser system

Pinhole

Ti:Sa
amplifier

Ti:Sa
oscillator

Nd:YAG
Ionization Laser

355nm

Figure 2.3 – (Color online) A schematic layout of the experimental setup,
with the laser system, the frequency calibration setup and the molecular beam
apparatus with the counter-propagating laser beams in a Sagnac configuration
for Doppler-free two-photon spectroscopy. B.S.: beam splitter; Sk.: skimmer.
See text for further details.

Narrowband laser source

A schematic representation of the laser system is shown as part of Fig. 2.3. The
Ti:Sa pulsed laser system is based on an injection-seeded oscillator-amplifier
scheme. A continuous wave (cw) Ti:Sa laser serves as the injection-seed for
the pulse generation, and is also used to lock the length of the oscillator cavity
by a Hänsch-Couillaud scheme. The oscillator cavity is pumped with ∼ 8
mJ of 5-ns pulses of the 532-nm (second-harmonic) output from an injection-
seeded Nd:YAG laser operating at 10-Hz repetition rate. The resulting pulse
from the oscillator cavity is further amplified in a 9-pass bowtie Ti:Sa amplifier
pumped with ∼ 200 mJ of the same Nd:YAG pump laser. Typical output
pulse energies of the amplifier are approximately 45 mJ at the fundamental
wavelength of 844 nm. The pulse duration of the fundamental IR pulses is ∼20
ns corresponding to a Fourier-limited bandwidth of ∼ 22 MHz. An extensive
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2. The fundamental ground tone vibration of H2, HD and D2

description of the laser system and its operation can be found in Ref. [82],
while its performance in the measurements on the EF 1Σ+

g −X 1Σ+
g (0,0) band

were described in Ref. [26]. A 1-mm diameter pinhole is used as a spatial filter
for the output of the Ti:Sa oscillator-amplifier system before the subsequent
harmonic conversion. Spatial filtering selects a smaller portion of the beam
thereby reducing frequency chirp effects across the beam profile, which is crucial
in subsequent frequency calibrations. The spatially-filtered pulsed output is
frequency up-converted in two successive frequency-doubling stages (using β-
Barium Borate (BBO) crystals) to yield fourth-harmonic UV radiation, with
approximately 350 µJ pulse energies at 211 nm.

Two-photon Doppler-free REMPI

Two-photon Doppler-free techniques were combined with resonantly enhanced
multi-photon ionization (REMPI) in the spectroscopic experiment. In an
isotropic gas sample, two-photon absorption from two counter-propagating
laser beams results in the cancellation of first-order Doppler shifts. However,
the application in a molecular beam with a defined unidirectional trajectory,
results in residual first-order Doppler shifts if there is a misalignment between
the counter-propagating laser beams. To improve the laser beam alignment,
an interferometric scheme is implemented [83]. The UV probe beam is split in
two arms of equal intensity and arranged as part of a Sagnac interferometer,
as depicted in Fig. 2.3, with the interference fringes indicating the degree of
alignment. Narrow bandwidth UV radiation at 211 nm was used to probe the
two-photon transitions in H2, while HD and D2 measurements required 209
and 207 nm, respectively. A 355-nm laser pulse is used to further ionize the
molecules excited in the EF 1Σ+

g , with the ionization laser delayed by 30 ns

with respect to the probe laser. The H+
2 molecular ions are accelerated by elec-

trostatic lenses and then traverse a field-free time-of-flight (TOF) region. The
ions impinge upon a multi-channel plate (MCP) detector attached to a phos-
phor screen, with the resulting fluorescence collected onto a photomultiplier
tube (PMT), for signal registration.

Discharge excitation

The preparation of vibrationally excited molecules inX1Σ+
g v = 1, J is achieved

through electron bombardment of the molecular beam in a discharge source
similar to that employed in Ref. [84]. The discharge source is a ceramic pinhole
nozzle with metallic electrodes (depicted in the top left corner of Fig. 2.3),
attached to a pulsed solenoid valve (General Valve Series 9) operated at 10-Hz.
The molecular beam pulse is discharged by applying a high voltage pulse to the
cathode, with the discharge electrons moving upstream against the molecular
beam trajectory. The anode is kept at the same potential as the valve orifice
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2.2. Experiment

to avoid disturbing the valve operation. Sufficient population of vibrationally
excited molecules was achieved at a voltage of approximately -750 V applied
to the cathode. To reduce ions produced in the same discharge from reaching
the detection zone, a pair of deflection plates was installed near the end of the
discharge nozzle. The vibrationally excited molecular hydrogen passes through
a skimmer (2-mm diameter) before entering the interaction zone where the UV
spectroscopy takes place.

Frequency calibration

The fundamental frequency fIR is calibrated by referencing part of the light
from the Ti:Sa cw-seed laser to a (Menlo Systems M-comb femtosecond fiber)
frequency comb acting as an optical frequency ruler. The carrier-envelope
phase offset frequency f0 and repetition frequency frep of the frequency comb
are locked to a local Rubidium-clock that is referenced to the global position-
ing system. A heterodyne beat note fb is made between the cw-Ti:Sa laser
and the frequency comb modes on an avalanche photodiode, which is counted
electronically. In practice, a number of frequency comb modes participate in
the heterodyne process contributing to background noise. Thus, the frequency
comb spectrum is dispersed with a grating and subsequent spatial filtering of
the unwanted modes is implemented to increase the signal-to-noise ratio in the
fb measurement. The optical frequency of the UV laser system fUV can be
expressed as

fUV = 4× fIR = 4× (nfrep + f0 + fb + fch),

where the prefactor of 4 accounts for the harmonic order, and n is mode num-
ber of the frequency comb component used. The cw-pulse frequency offset fch
of the Ti:Sa system due to frequency chirp will be discussed below. The mode
number determination follows from a coarse calibration of the laser using a
Burleigh wavemeter accurate to ∼30 MHz, which is sufficient for an unam-
biguous mode assignment since frep ∼ 250 MHz. The sign of the respective
frequency contributions to fIR may be positive or negative but can be easily
determined in practice.

Ti:Sa cw-pulse frequency offset

In the frequency calibration procedure, the Ti:Sa cw-seed optical frequency
fIR is determined, while the output of the oscillator-amplifier Ti:Sa pulsed
laser system is actually used in the spectroscopy, after frequency upconversion
to the 4th harmonic. Any frequency offset fch between the Ti:Sa cw-seed
frequency and pulsed output frequency needs to be determined, where it is
possible that the optical frequency is time-dependent within the laser pulse.
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2. The fundamental ground tone vibration of H2, HD and D2

The pulse generated in the Ti:Sa oscillator is subject to cavity-mode pulling
effects, as a result of an optically-induced change in refractive index of the Ti:Sa
crystal due to the intense 532-nm pump pulse, contributing to a frequency
offset. The actual cavity resonance in the presence of the pump pulse is then
frequency-shifted with respect to the locking point of the unpumped cavity.
The frequency shift can be separated into contributions from a thermal change
of the refractive index ∆nth and an effect from the population inversion ∆ninv
in the Ti:Sa crystal [82]. The total effective frequency offset, typically tens
of MHz in the fundamental fIR, can be compensated by controlling the lock
setpoint of the Ti:Sa oscillator, e.g. locking at the side of the fringe in the
Hänsch-Couillaud scheme.

A related phenomenon is spatial frequency chirp where the pulsed optical fre-
quency varies across the transverse beam profile of the laser beam. This effect
occurs in the amplification stage, because subsequent passes sample a different
area within the pump beam profile that has a Gaussian intensity distribution.
The spatial frequency difference from either edges of the beam profile was found
to be a few MHz with respect to fIR. To minimize such a spatial frequency
offset, a 1-mm pinhole after the Ti:Sa amplifier acts as a spatial filter while
still providing sufficient energy for the frequency upconversion process.

The cw-pulse offset frequency fch is measured by heterodyning the amplified
pulsed output of the Ti:Sa system with part of the cw-seed that is shifted
by 250 MHz using an acousto-optic modulator (AOM). The resulting beat
signal from a fast photo-detector is recorded with an oscilloscope for further
frequency chirp analysis [85, 86]. A single-shot frequency chirp analysis is
performed for every Ti:Sa pulse in order to account for the frequency offset fch
during each measurement point. A more detailed description of the frequency
chirp measurements and analysis for the Ti:Sa pulsed laser system is given in
Refs. [26, 82].

Assessment of systematic effects

A spectral recording of the D2 EF
1Σ+

g −X1Σ+
g (0,1) Q(1) two-photon transi-

tion is shown in Fig. 2.4. The full-width half-maximum of the spectral lines
is ∼ 60 MHz and is well-approximated by a Gaussian profile, limited by the
instrumental linewidth of the UV laser source, and accounting for the two-
photon excitation. As a test of robustness, the obtained line positions were
also checked when imposing different background levels. The uncertainty con-
tribution is then estimated to be better than 500 kHz for most scans of good
signal-to-noise ratio. For more noisy spectra, the line fitting uncertainty contri-
bution is difficult to separate from statistical scatter, thus it is subsumed into
the statistics entry. Several measurements of a specific transition taken over
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Figure 2.4 – (Color online) Recording of the EF 1Σ+
g −X1Σ+

g (0,1) Q(1) two-
photon transition in D2. A Gaussian profile (blue line) fitted to the averaged
datapoints (in red) is shown.

several days, demonstrate reproducibility of within ∼ 2 MHz in the transition
frequency.

ac-Stark effect

An important systematic effect is the ac-Stark frequency shift induced by the
power density of the probe radiation. The use of a separate ionization laser,
delayed with respect to the probe, allows for sufficient detection efficiency even
at a reduced probe beam intensity, thereby minimizing the ac-Stark shift. The
ac-Stark measurements are performed in two different beam configurations,
referred to as (I) and (II). For most of the measurements, the UV beam is
collimated with a beam diameter of 0.5 mm, using a combination of concave
mirrors, that also serves to reduce beam astigmatism. This configuration (I) is
typical for low UV power density. An additional benefit of configuration (I) is
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Figure 2.5 – (Color online) Assessment of the ac-Stark effect for the EF 1Σ+
g −

X 1Σ+
g (0,1) Q(0) transition in D2 plotted against the 207-nm probe power

density in the interaction zone. Blue datapoints were collected using focused
probe beams (Conf. II), while red datapoints were taken with collimated probe
beams (Conf. I) as also shown in the inset.

that it reduces residual first-order Doppler shifts compared to the case when
using counter-propagating beams with curved wavefronts [80]. Using (I), a
355-nm laser pulse, delayed by 30 ns relative to the probe beam, was employed
in order to ionize molecular hydrogen in the EF 1Σ+

g state. To aid in the ac-
Stark shift assessment and to improve the extrapolation to the field-free case, a
second configuration is implemented, referred to as (II). In this configuration,
a lens with 1-m focal length is placed before the beam splitter in Fig. 2.3, thus
reducing the beam diameter to ∼ 80 µm in the interaction region so that the
power density is increased by a factor ∼ 40 with respect to that of (I). The
intensity of the spectroscopy UV beam in (II) is sufficient to induce ionization,
so that a separate ionization laser is not required.

Measurements are performed for different probe beam intensities in both con-
figurations and the results are illustrated in Fig. 2.5. The measurements for

18



2.2. Experiment

higher power densities (II) are shown in the full graph, while the measurements
at low power density (I) are enlarged in the inset. The field-free transition fre-
quency at zero intensity is obtained from a weighted linear fit of the combined
measurement results of (I) and (II). The horizontal axis represents the relative
power density and is derived from a measurement of the probe beam intensity
and a measurement of the beam diameter at the interaction region. It is worth
noting that for the energy range between 30 and 300 µJ in (I), the ac-Stark
frequency shifts are within statistical scatter. The estimated error from the
ac-Stark effect is deduced from the error of the intercept determined in the
weighted linear fit, with the extrapolated field-free frequency estimated to be
accurate to ∼ 0.4 MHz. This extrapolation procedure was performed for every
transition measured.

dc-Stark effect

The dc-Stark effect is avoided by pulsing the voltages of the ion extraction
plates so that the transitions are probed under dc field-free conditions. How-
ever, no measurable change in the transition frequencies was observed when the
extraction fields were operated in either pulsed- or dc-mode, and we therefore
estimate a contribution of ≤ 0.1 MHz on the systematic uncertainty due to the
dc Stark effect.

Laser beam alignment

The residual first-order Doppler shifts estimated from the Sagnac interferom-
eter alignment of the counter-propagating probe beams were experimentally
verified by purposely misaligning the probe beams, where the resulting shifts
were found to be below statistical scatter. Further tests were also performed by
using mixed samples of molecular hydrogen and krypton to reduce the speed
of H2. More finely-tuned molecular beam velocities were obtained by varying
the delay between the timing of the valve opening and the trigger of the laser
pulse, by means of which molecules in the leading, middle and trailing parts
of the gas pulse are probed. Fig. 2.6 shows the frequency measurements of the
EF 1Σ+

g −X 1Σ+
g (0,1) Q(1) line for the six different H2 beam velocities thus

obtained. No effect above the statistical uncertainty is observed.

Pressure shifts

To assess possible pressure shifts, we use the pressure shift coefficient for Ry-
dberg states from Ref. [55] of 5.7(5) cm−1/amagat as an upper limit, noting
that for the pure ground electronic state, quadrupole transition shifts are in
the order of ∼ 3 × 10−3 cm−1/amagat, see e.g. [68]. From local gas densities
used in the experiment, an upper limit for the pressure shift of 0.06 MHz is
estimated.
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Figure 2.6 – (Color online) Transition frequency of the H2 Q(1) line measured
at different molecular beam rms speed, obtained from different concentrations
of H2-Kr mixtures, and time delay settings between valve opening and laser
trigger.

Uncertainty estimates

Table 2.1 summarizes the uncertainty contributions in MHz from different error
sources in the determination of the EF 1Σ+

g −X 1Σ+
g (0,1) transitions. System-

atic corrections were applied separately for each spectral recording, for example
for the frequency chirp and ac-Stark shift. The statistics entries denote the sta-
tistical 1σ standard deviations of all the measurements after the contributions
of various systematic effects have been corrected for. The uncertainties in the
determination of the line positions are not indicated as they are already in-
cluded in the statistical entry, where the averaging is weighted by uncertainty
in the line fitting for each recorded spectrum. The data collection for each line
covered a period of different days, where the different transitions were remea-
sured throughout the whole measurement period to confirm the reproducibility
of the results.
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2.3. Results

Table 2.1 – Estimated systematic and statistical uncertainty contributions for
the frequency calibrations of the EF 1Σ+

g −X 1Σ+
g (0,1) transitions in H2, HD

and D2. The uncertainty values (Unc.) are given in MHz.

Contribution Species Unc.

(i) ac-Starka < 0.4
(ii) dc-Stark < 0.1
(iii) frequency chirpa 2.0
(iv) frequency calibration 0.1
(v) residual 1st-order Doppler H2 0.5

HD 0.3
D2 0.3

(vi) 2nd-order Doppler < 0.1
(vii) pressure shift < 0.1
(viii) statistics H2 1.5b

HD 1.6c

D2 1.9d

Total Uncertaintye H2 2.6
HD 2.6
D2 2.8

a ac-Stark and chirp offsets are corrected for and not indicated
in the table.

b Standard deviation based on 63 measurements.
c Standard deviation based on 69 measurements.
d Standard deviation based on 64 measurements.
e Quadrature sum of errors.

2.3 Results

Q-branch transition frequencies in the EF 1Σ+
g −X 1Σ+

g (0,1) band are listed in
Table 2.2 for H2, HD, D2. The Q(1) and Q(2) transitions for each isotopomer
extend the rotationless transitions reported by Dickenson et al. [24]. Also listed
in Table 2.2 are the corresponding transition frequencies in the EF 1Σ+

g −X 1Σ+
g

(0,0) band taken from Hannemann et al. [26]. The improved uncertainties
for the present EF 1Σ+

g − X 1Σ+
g (0,1) transitions are primarily due to the

reduction in the spatial frequency chirp of the Ti:Sa laser system output by
spatial filtering. The data on the EF 1Σ+

g −X 1Σ+
g (0,1) band presented here
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2. The fundamental ground tone vibration of H2, HD and D2

Table 2.2 – Transition frequencies for Q-lines in the EF 1Σ+
g −X 1Σ+

g (0,1)
band in H2, HD and D2. Data for the EF 1Σ+

g − X 1Σ+
g (0,0) band from

Ref. [26]. All values in cm−1.

Q(0) Q(1) Q(2)

EF 1Σ+
g −X 1Σ+

g (0,1)

H2 95 003.620 55 (10) 94 954.477 39 (10) 94 856.717 48 (10)
HD 95 669.186 10 (10) 95 631.613 43 (10)
D2 96 467.832 02 (10) 96 442.209 32 (10) 96 391.100 00 (10)

EF 1Σ+
g −X 1Σ+

g (0,0)

H2 99 164.786 91 (11) 99 109.731 39 (18) 99 000.183 01 (11)
HD 99 301.346 62 (20) 99 259.917 93 (20)
D2 99 461.449 08 (11) 99 433.716 38 (11) 99 378.393 52 (11)

are in agreement with results of Eyler et al. [77], with the present results
representing a 100-fold improvement over the previous measurement.

Ab initio values for the vibrational energy splittings in the X1Σ+
g electronic

ground state were presented in Refs. [21, 22] for H2 and D2 while the rovibra-
tional level energies of the HD ground state were given in Ref. [51]. These state-
of-art calculations are based on Nonadiabatic Perturbation Theory (NAPT)
[47, 48] to obtain the nonrelativistic energy contributions, while the nonrel-
ativistic quantum electrodynamics (NRQED) formalism [49, 87, 88] is used
to pertubatively obtain the relativistic and QED energy terms. More accu-
rate theoretical values for the rotationless transitions of H2, HD and D2 were
presented in Ref. [24]. The theoretical vibrational energy splittings are summa-
rized in Table 2.3, where the various energy contributions are separately listed,
including the estimated uncertainties where available. The most accurate val-
ues are for the rotationless transitions from Ref. [24] with accuracies of better
than 1×10−4 cm−1. For the J = 1, 2 transitions of H2 and D2, accurate values
were obtained from the supplementary material of Komasa et al. [22], how-
ever, only the accuracy of the total level energies was indicated. The obtained
fundamental vibrational transition energies are estimated to be accurate to
1×10−3 cm−1. For the J = 1→ 1 HD transition, level energies from Pachucki
and Komasa [51] were used, however, the energy contributions were not sepa-
rately indicated. The estimated theoretical uncertainty for the more accurate
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rotationless transition energies stems from the better uncertainty of the nonadi-
abatic corrections. This estimate is aided by available theoretical results for the
rotationless vibrational splittings from Adamowic and co-workers [71, 89, 90],
using an independent theoretical methodology based on a variational procedure
to obtain the nonadiabatic wave functions. Similar calculations for transitions
involving J 6= 0, however, are not available. Since Komasa, Pachucki and co-
workers obtain transition energies using the same method for the rotationless
case as for all J quantum numbers, the original uncertainty estimates indicated
in Refs. [21, 22, 51] are likely to be overestimated.

Table 2.3 – Ab initio values for the fundamental vibrational energy splittings
(v = 0 → 1) of the X1Σ+

g ground state for the three isotopomers H2, HD
and D2. The different columns indicate the transitions labeled by the rotational
quantum numbers of the states involved. All values are in cm−1 with 1σ uncer-
tainties given in between parentheses (). For the rotationless transitions, values
without indicated uncertainties have negligible contributions, limited by numer-
ical precision. For the relativistic and QED effects, R denotes the Rydberg con-
stant and the order in α is indicated for each correction. The higher-order term
HQED also includes estimates of the next order corrections. For the J = 1→ 1
and J = 2→ 2 values the combinations are taken from Refs. [21, 22, 51] where
binding energies are listed separately for each (v, J) level; here the uncertain-
ties are taken in quadrature from both independent values. For the J = 0→ 0
values a cancellation of uncertainties is assumed as discussed in Ref. [24].

H2 J = 0→ 0 J = 1→ 1 J = 2→ 2

Born-Oppenheimer 4 163.403 50 4 157.483 7 4 145.680 5
Adiabatic -1.402 84 -1.396 3 -1.383 2
Nonadiabatic -0.836 49 -0.835 4 -0.833 5

Nonrel subtotal (α0R) 4 161.164 16 (1) 4 155.252 0 4 143.463 8

Relativistic (α2R) 0.023 41 (3) 0.023 2 0.022 7
QED (α3R) -0.021 29 (2) -0.021 2 -0.021 1
HQED (α4R) -0.000 16 (8) -0.000 2 -0.000 2

Rel + QED subtotal 0.001 96 (9) 0.001 8 0.001 4

Theory total 4 161.166 12 (9) 4 155.253 8 (9) 4 143.465 3(9)

HD J = 0→ 0 J = 1→ 1

Born-Oppenheimer 3 633.719 56 –
Adiabatic -0.932 59 –

continued on next page
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2. The fundamental ground tone vibration of H2, HD and D2

HD J = 0→ 0 J = 1→ 1 .

Nonadiabatic -0.628 72 –

Nonrel subtotal (α0R) 3 632.158 26(1) –

Relativistic (α2R) 0.020 93(2) –
QED (α3R) -0.018 63(2) –
HQED (α4R) -0.000 14(7) –

Rel + QED subtotal 0.002 16(8) –

Theory total 3 632.160 41(8) 3 628.304 4 (10)

D2 J = 0→ 0 J = 1→ 1 J = 2→ 2

Born-Oppenheimer 2 994.440 84 2 992.329 5 298 8.113 3
Adiabatic -0.521 50 -0.520 4 -0.518 0
Nonadiabatic -0.304 47 -0.304 3 -0.304 0

Nonrel subtotal (α0R) 2 993.614 87 (1) 2 991.504 8 2 987.291 3

Relativistic (α2R) 0.017 71 (2) 0.017 6 0.017 5
QED (α3R) -0.015 39 (2) -0.015 4 -0.015 3
HQED (α4R) -0.000 12 (6) -0.000 1 -0.000 1

Rel + QED subtotal 0.002 20 (7) 0.002 1 0.002 1

Theory total 2 993.617 08 (7) 2 991.507 0 (2) 2 987.293 4 (2)

Ground state X1Σ+
g energy splittings are obtained from the combination dif-

ferences of the EF 1Σ+
g −X 1Σ+

g transition energies and are listed in Table 2.4.
The indicated uncertainty of the fundamental vibrational energy splittings is
the quadrature sum of the uncertainties in the particular EF 1Σ+

g − X 1Σ+
g

transition energies used. The difference between the experimental and theoret-
ical results ∆E is also listed in Table 2.4, along with the combined uncertainty

δE =
√
δE2

exp + δE2
the, from the experimental δEexp and theoretical δEthe un-

certainties. The accuracy of present experimental values for the vibrational
transitions is predominantly limited by the EF 1Σ+

g −X 1Σ+
g (0,0) results from

Hannemann et al. [26]. For the rotationless transitions the theoretical values
are more accurate than the experimental ones. However, for transitions in-
volving J = 1, 2 the experimental results are 5 times more accurate. For the
transitions listed, the difference ∆E is statistically consistent with null within
the combined uncertainty δE. (The 1.5σ deviation for the H2 J = 0 → 1
comparison is compatible with expectations from statistics.) The overall com-
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Table 2.4 – Fundamental vibrational energy splittings (v = 0 → 1) in H2,
HD and D2. The third column is the difference between the experimental and
theoretical values, ∆E = Eexp−Ethe, while δE represents the combined exper-
imental and theoretical uncertainty. All values in cm−1.

Experiment Theory ∆E δE

J = 0→ 0

H2 4 161.166 36 (15) 4 161.166 12 (9) 0.000 24 0.000 17
HD 3 632.160 52 (22) 3 632.160 41 (8) 0.000 11 0.000 23
D2 2 993.617 06 (15) 2 993.617 08 (7) -0.000 02 0.000 17

J = 1→ 1

H2 4 155.254 00 (21) 4 155.253 8 (9) 0.000 2 0.000 9
HD 3 628.304 50 (22) 3 628.304 4 (10) 0.000 1 0.001 0
D2 2 991.507 06 (15) 2 991.507 0 (2) 0.000 1 0.000 3

J = 2→ 2

H2 4 143.465 53 (15) 4 143.465 3 (9) 0.000 2 0.000 9
D2 2 987.293 52 (15) 2 987.293 4 (2) 0.000 1 0.000 3

parison demonstrates excellent agreement between the present experimental
and theoretical values.

2.4 Comparison to previous studies

Various methods have been employed in direct excitations of ground state rovi-
brational transitions that include among others quadrupole absorption stud-
ies, Raman spectroscopy and electric-field induced dipole spectroscopy. Since
the first measurements of the quadrupole spectra of H2 overtone bands by
Herzberg [60] using long-path classical absorption techniques, refinements have
been applied through the years, e.g. by using more accurate echelle spectrom-
eters by Rank and co-workers [61, 62, 93]. The improvements continued in the
study of Bragg et al. [63] who employed Fourier-Transform (FT) spectroscopy
techniques. Since the first measurements of Rasetti [94] and the early inves-
tigations of Stoicheff [95], the Raman spectrum has also been measured with
ever increasing accuracies. From the first demonstrations by Crawford and
Dagg [96] of the electric field induced dipole excitation, parallel improvements
in accuracy have also been achieved by later investigators. The weak transitions
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Figure 2.7 – (Color online) Comparison of the present experimental results
( ) for the H2 ground state fundamental band Q-branch transitions to previous
studies representing the most accurate values from a particular method: from
long-path absorption reported by Bragg et al. [63] ( ); from Raman spectroscopy
by Rahn and Rosasco [91] ( ); from spectroscopy of electric field induced transi-
tions by Buijs [92] ( ). The results on empirical fitting of the global H2 database
by Stanke et al. [71] ( ) are also included, along with the present theoretical
results ( ).

probed necessitated high pressures that led to collisional shifts and broadening
effects first investigated by May et al. [97, 98]. Numerous other investigations
on the H2 fundamental band at varying accuracies for the transition energies
include Refs. [91, 99, 100, 101].
The comparison of the present experimental results to selected previous deter-
minations is shown graphically in Fig. 2.7 for H2. Only those investigations
with the highest claimed accuracy for a particular method are included in the
figure. The results of Bragg and co-workers [63] stood as the most accurate for
decades, making use of Fourier Transform spectroscopy with long-path absorp-
tion samples. For the Q(1) transition, however, the result from Bragg et al.
differs from the present result by several standard deviations. In that study,
the collision-induced dipole spectrum adds a broad background signal for the
(1,0) band (e.g. Fig. 2 in Ref. [63]) that could affect the determination of the
line positions. The most accurate electric field induced spectrum was recorded
by Buijs [92] who also employed Fourier Transform spectroscopy. For Raman
spectroscopy, the most accurate measurements were performed by Rahn and
Rosasco [91], using a pulsed laser source based on difference-frequency mixing.
The results of Rahn and Rosasco [91] and that of Buijs [92] are in fair agreement
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Figure 2.8 – (Color online) Comparison of the present experimental results
( ) for the HD ground state fundamental band Q-branch transitions to previous
studies representing the most accurate values from a particular method: from
long-path absorption reported by Rich et al. [102] ( ); from Raman spectroscopy
by Veirs and Rosenblatt [100] ( ); from spectroscopy of electric field induced
transitions by Brannon et al. [103] ( ). The results on empirical fitting of the
global HD database by Stanke et al. [89] ( ) are also included, along with the
present theoretical results ( ). Note that for this energy scale the error bars
for the present experimental and theoretical results are not resolved and thus
overlap.

with the present results. The latter comparison suggests that electric-field in-
duced frequency shifts are less severe than pressure-induced systematic shifts,
even after pressure-shift corrections.
Durie and Herzberg [104] recorded the weak dipole absorption spectrum of the
(1,0), (2,0), (3,0) and (4,0) bands in the ground state of HD. Stoicheff [95] per-
formed Raman spectroscopy on the fundamental band of HD, while Brannon et
al. [103] measured electric-field induced transitions in the same band. McKellar
and co-workers [102, 105, 106] carried out several long-path absorption inves-
tigations covering the fundamental and overtone bands up to (6,0) band of the
HD ground state. In these investigations, the pressure shifts on the transition
energies were systemically studied as was the case in Ref. [107]. The Raman
study of Veirs and Rosenblatt [100] also included the HD fundamental band, as
well as the fundamental band for most other molecular hydrogen isotopologues.
Fig. 2.8 is a graphical representation of the comparison of the present ex-
perimental results for the HD fundamental band to selected previous deter-
minations. Rich et al. [102] reported the most accurate results with Fourier
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2. The fundamental ground tone vibration of H2, HD and D2

D2 Q(0)
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0.55 0.575 0.6 0.625 0.65

D2 Q(1)
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0.45 0.475 0.5 0.525 0.55

D2 Q(2)
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0.25 0.275 0.3 0.325

Figure 2.9 – (Color online) Comparison of the present experimental results
( ) for the D2 ground state fundamental band Q-branch transitions to previ-
ous studies representing the most accurate values from a particular method:
from long-path absorption reported by Jennings et al. [109] ( ); from Raman
spectroscopy by Looi et al. [99] ( ); from spectroscopy of electric field induced
transitions by Brannon et al. [103] ( ). The results on empirical fitting of the
global D2 database by Bubin et al. [90] ( ) are also included, along with the
present theoretical results ( ). Note that for this energy scale the error bars
for the present experimental and theoretical results are not resolved and thus
overlap.

Transform spectroscopy on long-path absorption samples. The most accurate
electric field induced spectrum was that of Brannon et al. [103] while Raman
spectra for HD were obtained by Veirs and Rosenblatt [100].

The fundamental band of D2 was also included in the Raman spectroscopic
investigations of Stoicheff [95]. Later, Looi et al. [99] improved upon the
Raman spectroscopy, and in addition investigated pressure dependent energy
shifts. Electric field induced transitions of D2 were also measured by Bran-
non et al. [103] with pressure shift corrections. McKellar and Oka [108] used
a difference-frequency laser system to investigate the fundamental vibrational
band of D2 in a long-path cell. Jennings et al. [109] performed accurate long-
path absorption measurements using FT spectroscopy. A comparison of the D2

fundamental band transitions is plotted in Fig. 2.9. The older results from long-
path absorption and electric-field induced spectra coincide with the present re-
sults. The results from the Raman investigations deviate considerably from the
other studies including the present, suggesting systematic errors in Ref. [99].
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2.5. Testing QED and fifth forces

An indirect approach through empirical fitting of Dunham coefficients have
been carried out by Stanke et al. [71] for H2. Experimental data included in the
fit came from Dabrowski [72] for Lyman and Werner band transitions, but also
most ground state studies mentioned above [62, 92, 95, 100, 103, 109]. Similar
global fitting analyses based on the Dunham relation was also performed by
the same group for HD [89] and D2 [90] resulting in similar uncertainties as in
the case of H2. Remarkable accuracy was achieved for these global fits, despite
considerable deviations of results from individual experiments used.

The excitation of molecular hydrogen in a collisionless environment in the
present study is distinct from previous studies, where the low excitation prob-
ability required the use of dense gas samples with pressures of a few bars for
detection. The recorded lines had Doppler-widths on the order of GHz and the
collisional perturbation gives rise to pressure shifts amounting to 100 MHz [69].
These issues are effectively absent in the present study using molecular beam
conditions. As a case in point, it is interesting to look at the claimed uncer-
tainty of Maddaloni et al. [70], who deployed a high-resolution laser source
based on difference-frequency-generation referenced to the Cs-clock primary
standard using an optical frequency comb synthesizer. Nevertheless, a com-
parison with theory gives differences of 0.0015(3) and −0.0010(3) cm−1 for
S(0) and S(1) in Ref. [70], respectively, as pointed out in Ref. [22]. The ex-
cellent agreement of the present experimental results with the same ab initio
calculations suggests that the systematic uncertainties in Ref. [70] might be
underestimated.

2.5 Testing QED and fifth forces

As can be seen in Table 2.4, the ab initio values of the rotationless ground tone
energies are the most accurate for all isotopomers. For these energy splittings,
the relativistic and QED terms exhibit the dominant uncertainty contribution
to the theoretical value while the nonrelativistic energy hardly contributes to
the uncertainy. By subtracting the theoretical nonrelativistic energy term from
the experimental value, one obtains a hybrid experimental-theoretical determi-
nation of the relativistic and QED contribution of 0.002 20(17) cm−1 for H2.
Comparing the latter value to the ab initio values represents a test of relativis-
tic and QED calculations in molecules on the order of ∼ 1%. Applying similar
arguments for the dissociation limit of the ground electronic state of molecular
hydrogen, and using the experimental results of Ref. [18] and theoretical values
from Ref. [21], relativistic and QED calculations in molecules are verified on
the order of ∼ 0.1%.

The excellent agreement between theory and experiment discussed above, can
be exploited to constrain effects beyond the Standard Model of Physics. Since
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2. The fundamental ground tone vibration of H2, HD and D2

molecular (and atomic) structure is dominated by the electromagnetic interac-
tion, with the effects of the strong-, weak- and gravitational forces many orders
of magnitudes weaker (at least for light systems as hydrogen, where weak force
effects are not yet detectable), any discrepancy between measurements and
theory points to new physics.
New interactions or modifications beyond the Standard Model are expected
as it does not provide explanations for several phenomena, e.g. Dark Matter
[110] and Dark Energy [111]. The possibility that these hypothetical new in-
teractions or fifth forces have subtle effects in atomic or molecular structure
is a complementary approach to the searches and tests in particle physics or
astronomy.
Energy resonances in calculable few-body systems provide an ideal search
ground. Simple systems to search for extra interactions between lepton and
hadrons would be atomic hydrogen or the helium ion [112, 113], while extra
hadron-hadron interactions can be probed in molecular hydrogen and molecular
hydrogen ions. We express a general fifth force in terms of a Yukawa potential
V5(R) as a function of the distance R between hadrons, or the internuclear
distance in molecular hydrogen:

V5(R) = α5N1N2
exp (−R/λ)

R
~c = α5N1N2Yλ(R), (2.1)

where α5 is an interaction strength, and λ is the characteristic range of the
interaction. We assume that the long-range effect (as opposed to the short
range of the strong force) scales with the number of nucleons of each nucleus, N1

and N2 respectively, and we treat protons and neutrons equally. The potential
V5(R) can be considered as a perturbation on the energies of quantum states,
leading to a differential energy shift 〈∆V5,λ〉 on energy level differences between
states (v′, J ′) and (v′′, J ′′):

〈∆V5,λ〉 = α5N1N2 [〈Ψv′,J′(R) |Y (r, λ) |Ψv′,J′(R)〉
− 〈Ψv′′,J′′(R) |Y (r, λ) |Ψv′′,J′′(R)〉]

= α5N1N2∆Yλ (2.2)

where Ψv,J(R) are the wave functions representing the probability of finding
the nuclei at a certain separation R within the molecule. Using accurate wave
functions from Ref. [21, 22], the quantity ∆Yλ has been evaluated taking λ as
a parameter in Ref. [114]. ∆Yλ can be considered as the inherent sensitivity
coefficient for a specific transition, which becomes larger as the wavefunctions
of the two levels involved are more different (e.g. wavefunctions in Fig. 2.2).
Thus transitions with greater ∆v have a larger 〈∆V5,λ〉 energy shift. The
largest inherent sensitivity is expected for the dissociation energy D0 since the
shift is 〈∆V5,λ〉 = −α5N1N2 〈Ψv=0(R) |Y (r, λ) |Ψv=0(R)〉. For a particular
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2.5. Testing QED and fifth forces
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Figure 2.10 – (Color online) Derived bounds for the interaction strength α5

of possible fifth forces relative to the fine structure constant (left vertical axis)
or the gravitational force (right axis), for different interaction length range λ
obtained from the fundamental vibration of molecular hydrogen. Similar bounds
from the D2 dissociation energy D0 as well as rovibrational transitions in HD+

are also indicated. The yellow area indicates excluded regions based mainly on
constraints obtained from HD+.

transition, ∆Yλ is greatest for H2 and least for D2 since the spatial extent of
the wavefunctions between any two levels, with corresponding set of quantum
numbers, are more similar for D2 than in H2. However, the effect of nucleon
numbers, N1 and N2, more than compensates for the lower ∆Yλ in the heavier
isotopomers, so that the expected energy shift 〈∆V5,λ〉 is actually greatest for
D2 and least for H2 for a particular transition.

An upper bound for the interaction strength α5 can be be obtained from the
combined experimental-theoretical uncertainty δE for a particular transition
by the relation α5 < δE/(N1N2∆Yλ). Fig. 2.10 shows the constraint for the
interaction strength α5, for certain range λ of the interaction, obtained from
the rotationless fundamental vibrational transitions in H2, HD and D2, with
the shaded area indicating the excluded region. The fifth-force interaction
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2. The fundamental ground tone vibration of H2, HD and D2

strength is given in terms of the strengths of the electromagnetic force, α, and
the gravitational force, αG. More stringent bounds in the same length scale
are discussed in Ref. [114] based on spectroscopic determinations on the dis-
sociation energy D0 of molecular hydrogen [18, 19, 20] as well as rovibrational
transitions in HD+ [115, 116, 117]. Similar constraints have been extended to
shorter interaction length at sub-Angstrom scales in Ref. [118] based on level
splittings in exotic molecules. The interaction length scale λ can be associated
with the mass m5 of a fifth-force carrier particle as indicated in the upper hor-
izontal axis in Fig. 2.10. This boson mass range is complementary to the mass
sensitivity range in particle accelerators on the high end, and the low-mass
sensitivity in gravitational test experiments on the other extreme.
From the present measurements on level splittings of the fundamental ground
tones in the hydrogen molecule and its isotopomers, a constraint on the strength
of a possible fifth force between hadrons is determined to be |α5/α| < 2×10−8

for a force range of 1 Å.

2.6 Conclusion

The fundamental vibrational energy splitting of H2, HD, and D2 were de-
termined to absolute accuracies of 2 × 10−4 cm−1, or a relative accuracy of
a few parts in 10−8. The vibrational splitting frequencies are derived from
the combination difference between separate electronic excitations from the
X1Σ+

g , v = 0, J and v = 1, J vibrational states to a common EF 1Σ+
g , v = 0, J

state. Doppler-free laser spectroscopic investigation applied in a collisionless
molecular beam environment leads to high accuracy, where pressure effects are
negligible in contrast to studies based on gas cells. The excellent agreement
between the experimental results and the calculations provides a stringent test
on the application of quantum electrodynamics in molecules, and can be used
to provide bounds to new interactions. Upper bounds derived from molecular
hydrogen indicate that the interaction strength of possible fifth forces must be
at least 8 orders of magnitude weaker than the electromagnetic strength, for a
fifth-force interaction range in the order of typical internuclear distances of ∼ 1
Å. This brings molecular spectroscopy studies again to the forefront of physics,
reminiscent of the early days of quantum mechanics.
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CHAPTER 3
Test of quantum chemistry in

vibrationally-hot hydrogen molecules

Published as J. Chem. Phys. (Comm) 143, 081102, 2015.

Precision measurements are performed on highly excited vibrational quantum
states of molecular hydrogen. The v = 12, J = 0− 3 rovibrational levels of H2

(X1Σ+
g ), lying only 2000 cm−1 below the first dissociation limit, were populated

by photodissociation of H2S and their level energies were accurately determined
by two-photon Doppler-free spectroscopy. A comparison between the experimen-
tal results on v = 12 level energies with the best ab initio calculations shows
good agreement, where the present experimental accuracy of 3.5×10−3 cm−1 is
more precise than theory, hence providing a gateway to further test theoretical
advances in this benchmark quantum system.
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3. QED test in vibrationally-hot H2

3.1 Introduction

Quantum chemistry started as a pioneering application of quantum mechanics,
when Heitler and London explained in 1927 the existence of an attractive bond-
ing state between the two hydrogen atoms to form the ground state of molecular
hydrogen [30]. Since then, H2 has been a canonical test system, where innova-
tions in ab initio theory, most notably by Ko los and Wolniewicz [17, 36] and
experimental measurement techniques, most notably by Herzberg and cowork-
ers [54, 55, 119] have mutually stimulated each other as a driving force toward
the highest accuracies [120]. Similar highly-accurate comparisons between the-
ory and experiments are also actively pursued in molecular hydrogen ions H+

2

and HD+, where accuracies achieved in calculations are better, owing to their
simpler three-body configuration [115, 116, 121]. This simplicity on the other
hand, makes the one-electron ion system to be atypical of molecules as it does
not feature electron correlations, which form an essential ingredient in the quan-
tum chemistry of molecules and condensed matter systems for which treatment
of H2 serves as a benchmark.

In recent years, great progress has been made in the quantum chemical calcula-
tions of the energy level structure of the H2 X

1Σ+
g ground electronic state. For

example, the most recent calculation of the chemical bonding energy or dis-
sociation limit D0 of the ground electronic state has an accuracy at the 10−3

cm−1 level, while nearly equally accurate binding energies were calculated for
the entire manifold of rovibrational states [21, 22]. To achieve these accuracies,
the Born-Oppenheimer (BO) potential energy data points were calculated to
10−9 cm−1 accuracy [46] resulting in BO-level energies of 10−5 cm−1 accuracy.
Calculations of adiabatic corrections to the BO energy [122] yield accuracies of
10−6 cm−1, while non-adiabatic energy corrections were determined at uncer-
tainties at the ∼ 10−4 cm−1 level [47]. At such level of precision the relativistic
and radiative or quantum electrodynamic (QED) effects, amounting to several
0.1 cm−1, need to be accurately accounted for, as was accomplished in the
novel approach by Komasa et al. [22].

Direct purely vibrational transitions in the ground electronic state of H2 are
extremely weak due to their quadrupole nature. They were predicted [59] and
subsequently observed by Herzberg [60]. The studies of Bragg et al. [63]. us-
ing a Fourier-Transform spectrometer combined with high-pressure absorption
cells exhibiting effective path lengths of 400 m, enabled the measurement of the
fundamental and overtone vibrational splittings up to the (4-0) band. This was
further extended to the (5-0) band in laser-based studies [64] using multipass
cells with effective absorption paths of 20 m. Recent laser-based measure-
ments have improved the experimental accuracies for the fundamental (1-0)
vibrational splitting using molecular beams [24, 123] reaching uncertainties of
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3.1. Introduction

Figure 3.1 – (Color online) Schematic of the measurement setup showing
the various lasers used in the photolysis of H2S (292 nm), for performing the
EF−X spectroscopy step in vibrationally-hot H2 (291 - 293 nm), and for induc-
ing the ionization step (202 nm). The probe laser is split and interferometrically
aligned in counter-propagating fashion to obtain Doppler-free two-photon exci-
tation. Resonantly produced H+-ions are detected after a time-of-flight (TOF)
region for resolving the ion masses.

1 × 10−4 cm−1. Sensitive cavity-ring down laser spectroscopy was applied to
the (2-0) overtone band [69] at uncertainties of 1×10−3 cm−1, as well as on the
(3-0) overtone band achieving ∼ 10−5−10−4 cm−1 uncertainty levels [66, 124].
It is unlikely that the direct quadrupole excitations can be extended up to
the highest vibrational quanta, since for example the (12-0) transition in H2 is
some six orders of magnitudes weaker than the fundamental (1-0) band [69].
Thus far, the H2 level energies obtained from the calculational framework of
Pachucki and coworkers [21, 22] are in excellent agreement with the experimen-
tal determination of the dissociation energy [18], the fundamental vibrational
splitting [24], the (2-0) and (3-0) overtone band transitions [69, 66, 124], as well
the level energies of the rotational series of the lowest vibrational state [23].
These highly-accurate measurements test the quantum chemical calculations
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3. QED test in vibrationally-hot H2

of the low vibrational quantum numbers v = 0− 3.

The present experiment seeks to test the calculations of H2 binding energies
for vibrational levels v = 6− 12, where theoretical calculations [22] exhibit the
largest uncertainties. We follow up on the experimental findings of Steadman
and Baer [125], who first produced highly vibrationally excited hydrogen (H2*)
from the photolysis of H2S. Besides the main photo-dissociation product chan-
nel yielding SH molecules, there exists an energetically allowed channel produc-
ing H2* under non-equilibrium conditions, upon absorption of two UV photons
in the H2S molecule. They performed a single-color excitation experiment, in
which the UV-pulses caused two-photon dissociation, two-photon excitation in
the H2 EF −X(v′, v′′) band, and multi-photon ionization/dissociation produc-
ing H+ ions. These sequential processes may involve some 6 or 7 UV photons
near 290 nm depending on the excitation pathway.

In our present study, for which a setup is displayed in Fig. 3.1, we disentan-
gle the laser excitation processes using up to three different tunable UV-laser
systems to perform a controlled study aiming at spectroscopic accuracy. In all
cases, a powerful UV-laser pulse, obtained from a frequency doubled pulsed-
dye laser and set at 292 nm, is used for optimal photolysis of H2S and efficient
production of H2*. The other laser pulses are time-delayed in steps of ∼ 10 ns
with respect to the photolysis laser to avoid temporal overlap, and therewith
circumvent broadening of the lines. Signal is obtained by monitoring hydrogen
ions, produced in the interaction region, accelerated by ion lenses and propa-
gating over a time-of-flight (TOF) mass separation region onto a multichannel
plate detection system, where the mass-resolved signal is recorded. In virtually
all cases the H+ signal is most prominent, although on some lines also H+

2

signal is detected.

As a first step of our investigation the output of a second frequency-doubled
dye laser was spatially overlapped in the interaction region with the photolysis
laser. A scan over the two-photon excitation region 68 200 − 68 800 cm−1

region is displayed in Fig. 3.2. The lines in this low-resolution spectrum exhibit
broadening due to the laser linewidth, Doppler and ac-Stark effects, in the order
of several cm−1, but are narrower than in the one-color study of Steadman
and Baer [125]. At the high intensities used the ac-Stark effects also causes
appreciable shifts to the transition frequencies, but the accuracy is sufficient
for a tentative identification of the transitions.

3.2 Experiment

In the overview spectrum the two-photon lines in the (3,12), (2,11) and (1,10)
bands of the F −X system were identified. Note that the numbering of vibra-
tional levels in the EF double well system can be done separately for the inner
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3.2. Experiment

Figure 3.2 – (Color online) a) An overview spectrum of H2 showing lines as-
signed to F −X(1, 10), F −X(2, 11), and F −X(3, 12) bands. Detection is in
the H+ channel. The most intense line, marked by an asterisk (*) and exhibit-
ing off-scale intensity, is unassigned. b) Potential energy curves of EF 1Σ+

g and
X1Σ+

g electronic states, including two-photon transitions in the F −X system
probing high vibrational levels.

E and outer F well or jointly for both wells; EF (5) then corresponds to F (3).
These spectra and the much narrower lines measured in the Doppler-free spec-
tra (see below) revealed many misassignments in the proposed assignments of
Steadman and Baer [125], although the generic finding of H2* is confirmed. In
particular the assignment of transitions to the E inner potential well could not
be confirmed, and we conclude that it is doubtful that any E −X transitions
were detected in their study [125]. However, assignments of most transitions
to the F outer well states are confirmed presently. Based on Franck-Condon
arguments the vibrationally-excited levels in the X1Σ+

g ground state can be
most easily excited to the outer well F -levels. The potential energy diagram of
Fig. 3.2(b) illustrates that the high vibrational ground state levels v = 10− 12
have favorable Franck-Condon overlap with levels in the outer F well. In our
recordings a number of lines remain unidentified, in particular the strongest
resonance observed, which is marked with (*) in Fig. 3.2. These problems with
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Figure 3.3 – (Color online) (a) Measurements of the Q(1) two-photon
Doppler-free transition in the F − X(3, 12) band. (b) Plot of the peak posi-
tions at different intensities; the intercept at zero intensity (evaluated for both
linear and quadratic fits), yields the (ac-Stark-free) transition frequency.

assignments may be due to the fact that high(er) J-levels in the EF state, in
particular in the outer F well, are not known to sufficient precision to establish
positive identifications.

3.3 Result and Discussion

We choose the rotational series of Q transitions, i.e. ∆J = 0, in the F−X(3, 12)
band as the main focus for a precision study in H2 with the aim of testing the re-
cent quantum theoretical ab initio calculations [22]. For the precision frequency
measurements the beam of a UV laser, obtained from a narrowband injection-
seeded traveling-wave pulsed dye amplifier (PDA), is split in two equal parts
and interferometrically aligned in counter-propagating fashion, to perform two-
photon Doppler-free spectroscopy. Most of the H+-signal is produced by the
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3.3. Result and Discussion

combination of the photolysis and spectroscopy lasers. In cases where the high-
est spectroscopic accuracy is desired, the power of the PDA was tuned down,
and a third UV laser beam at 202 nm (frequency-tripled dye laser) is used to
assist ionization from the F (3) state. To avoid broadening effects induced by
this ionization laser, the pulse timing is again delayed by 10 ns with respect
to the spectroscopy laser. In the expectation that possibly auto-ionizing reso-
nances could help to increase signal the third laser beam was scanned over the
window 202-206 nm, but no such resonances were found.
The two-photon Q-branch lines in the F −X(3, 12) band were recorded under
the improved high-resolution spectroscopic conditions using the narrowband
PDA laser system with a bandwidth of < 100 MHz. The PDA system has
been described recently, including the development and characterization of a
novel frequency-chirp analysis procedure to identify possible offsets between the
continuous-wave seed frequency and the pulsed output of the PDA. This allows
for accuracies of 0.001 cm−1 to be achieved [126]. In Fig. 3.3 a recording of the
two-photon Q(1) transition in the F −X(3, 12) band is displayed, measured at
different intensities of the spectroscopy laser.
For absolute frequency calibration of the cw-seed laser, hyperfine-resolved sat-
uration spectra of I2 are simultaneously recorded, using a split-off portion of
the cw-seed radiation, and compared with the I2 database [127]. At the same
time, transmission peaks from a stabilized etalon with a free spectral range
(FSR) of 150.01 (1) MHz provide a relative frequency calibration, assisting to
bridge the distance between H2 and I2 resonances [126]. The contribution to
the error budget for the H2 transition frequencies from the laser scan nonlin-
earity, etalon calibration, and the I2 calibration are estimated to be as small
as 2 MHz. The chirp-induced frequency offset between cw-seed laser and the
pulsed output of the PDA system is determined and corrected for in the final
frequency, yielding typical values of 11 (3) MHz. Note that final corrections
must be multiplied by a factor of 4, to account for harmonic up-conversion and
two-photon excitation.
The major source of line broadening and uncertainty of the transition frequen-
cies is the ac-Stark effect. Since the transitions are weak and the population
density of H∗2 is low, it was necessary to use relatively high probe laser intensi-
ties, causing substantial ac-Stark broadening. With a laser bandwidth of ∼ 100
MHz, the UV two-photon line-shapes are expected on the order of ∼ 200 MHz,
but even at the lowest laser intensities of the combined counter-propagating
beams the effective line widths were ∼ 1 GHz. Fig. 3.3 displays recordings of
the Q(1) two-photon transition at different intensities in the interaction zone.
At the lower intensities used the resonance frequency is determined from a
Gaussian fit to the recorded spectrum, while at the highest intensities the re-
sulting asymmetric lines shapes were fitted to skewed Gaussian functions of the
form fSG = (expx2/2)/(

√
2π)·[1+erf(x/

√
2)]. The resulting peak positions are
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3. QED test in vibrationally-hot H2

Table 3.1 – Measured two-photon transition frequencies in the F − X(3, 12)
band, equivalent to the EF −X(5, 12) band.

Line Frequency

Q(0) 68 476.0459 (35)
Q(1) 68 446.2834 (35)
Q(2) 68 387.6623 (35)
Q(3) 68 302.0250 (35)
S(1) 68 505.518 (7)

plotted against the relative UV intensity as shown in Fig. 3.3(b). To account
for the increased widths and skew, the peak position uncertainty in the high
intensity scans are larger. In view of the long extrapolation to zero intensity
fits were made for a linear and a quadratic fit. Results from these approaches
were averaged and the uncertainties were conservatively estimated to cover the
values when differing. In Table 3.1 the thus determined two-photon transition
frequencies for the Q(0)-Q(3) lines in the F −X(3, 12) band are listed with ac-
curacies of typically 100 MHz or 0.0035 cm−1 deriving fully from this ac-Stark
analysis.

In order to make a comparison with the quantum chemical ab initio calcula-
tions these values for the accurate transition frequencies must be translated
into values of level energies in H2 X

1Σ+
g (v = 12, J). This can be accomplished

by subtracting transition energies from the accurate level energies of the upper
F (3) states from Bailly et al. [25], which were determined via combined laser-
based and Fourier-transform emission experiments yielding values accurate to
within 0.001 cm−1 for J ≤ 3. So this transformation does not add to the uncer-
tainty of H2* level energies, which are listed in Table 3.2 as experimental values
(Eexp) for v = 12. This procedure of combining differences between F (3) level
energies [25] and X(12) level energies [22] provides a final and unambiguous
assignment of the observed lines. The measurement of a weaker transition S(1)
at in the same F −X(3, 12) band (∆J = 2 for S transitions) allows for an addi-
tional consistency check of the line identification. The combination difference
between S(1) and Q(3) transitions delivers a level splitting between J = 1− 3
in X(12) amounting to 203.494 cm−1, in agreement, at 0.008 (8) cm−1, from
the ab initio values [22]. In addition, the combination difference between S(1)
and Q(1) lines is in reasonable agreement with the splitting between J = 1− 3
in F (3) within 0.010 (8) cm−1.

In Table 3.2 a final comparison is made between experimentally determined
level energies (Eexp) and results from the quantum chemical calculations (Ethe)
by Komasa et al. [22]. For three of the four levels determined the difference
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3.3. Result and Discussion

Table 3.2 – Level energies (Eexp) of ro-vibrational states X1Σ+
g (v = 12, J =

0− 3), experimentally determined from the measured F −X(3, 12) two-photon
Q-transitions and the accurate F (3) levels from Bailly et al. [25]. Also indi-
cated are the theory values (Ethe) of Komasa et al. [22], and the difference
∆Eexp−the between the experimental and theoretical values. The uncertainties
in the differences represent the combined uncertainties from experiment and
theory taken in quadrature.

J ′′ Eexp Ethe ∆Eexp−the

0 34 302.1823 (35) 34 302.174 1 (47) 0.008 (6)
1 34 343.8531 (35) 34 343.848 3 (46) 0.005 (6)
2 34 426.2216 (35) 34 426.217 9 (46) 0.004 (6)
3 34 547.3362 (35) 34 547.333 2 (45) 0.003 (6)
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Figure 3.4 – (Color online) Plot of corrections to the ab initio Born-
Oppenheimer energies of the H2 X

1Σ+
g ground electronic state [22] as a func-

tion of vibrational quantum number v (in all cases J = 0). Adiabatic (ad),
nonadiabatic (nad), and relativistic and radiative (rel+QED) corrections are
plotted with reference to the scale on the left. The total uncertainty of the
calculations (unc) is plotted with reference to the scale on the right.
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3. QED test in vibrationally-hot H2

between the experimental and theoretical values, ∆Eexp−the, is smaller than
their combined uncertainties, while the J ′′ = 0 level deviated by 1.3σ. This
allows for the main conclusion of the present study that good agreement is
established between experiment and the quantum chemical calculations for
v = 12 levels in the electronic ground state in H2. This is the highest vibrational
level subjected to a precision test below 0.01 cm−1 for the H2 molecule.

3.4 Conclusion

In Fig. 3.4 the contributing energy corrections to the accurate BO-energies [46]
are plotted as a function of v, as well as the final uncertainties in the theoretical
binding energies [22]. It shows that the calculations are least accurate for the
range v = 6 − 12. The present test on v = 12 covers this weakest spot in
the calculations. Specifically the non-adiabatic contributions to the relativistic
and QED energies (the so-called recoil corrections), as well as higher order
non-adiabatic, α4-QED contributions, and the leading term in α5-QED, are
mainly held responsible for possible deviations with theory [22]. The presently
determined experimental binding energies, being slightly more accurate than
theory, may serve to stimulate calculations of such terms.
As an outlook from the experimental perspective, efforts are underway to de-
termine level energies for states up to the highest possible (v = 14) vibrational
quantum states in H2. At least an order of magnitude improvement is fore-
seen in the experimental determination of the v = 10 − 14, J level energies,
which should be achievable with an improved detection sensitivity, whereby
the limiting factor of uncertainty, the ac-Stark broadening, can be suppressed.

Note added during review. After submission of this manuscript a paper report-
ing recalculation of the non-adiabatic interaction was published [128] improv-
ing their accuracy to the 10−7 cm−1 level. It was not specified in how far the
newly calculated non-adiabatic wave functions affect the uncertainties of the
QED and relativistic corrections.

This work was supported by the Netherlands Foundation for Fundamental Re-
search of Matter (FOM) and by the Dutch Astrochemistry Network (NWO).
We thank F. Ramirez (University of San Carlos, Cebu, Philippines) for assis-
tance in the initial investigations.
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CHAPTER 4
The CO A-X System for Constraining

Cosmological Drift of the

Proton-Electron Mass Ratio

Published as Phys. Rev. A 86, 022510, 2012

The A1Π−X1Σ+ band system of carbon monoxide, which has been detected in
six highly redshifted galaxies (z = 1.6−2.7), is identified as a novel probe method
to search for possible variations of the proton-electron mass ratio (µ) on cosmo-
logical time scales. Laboratory wavelengths of the spectral lines of the A-X (v,0)
bands for v = 0–9 have been determined at an accuracy of ∆λ/λ = 1.5× 10−7

through VUV Fourier-transform absorption spectroscopy, providing a compre-
hensive and accurate zero-redshift data set. For the (0,0) and (1,0) bands,
two-photon Doppler-free laser spectroscopy has been applied at the 3 × 10−8

accuracy level, verifying the absorption data. Sensitivity coefficients Kµ for a
varying µ have been calculated for the CO A-X bands so that an operational
method results to search for µ-variation.
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4. The A-X system of CO molecule to probe variation of µ

4.1 Introduction

The search for a variation of the dimensionless proton-to-electron mass ratio
µ = mp/me on cosmological time scales can be performed by comparing molec-
ular absorption lines in highly redshifted galaxies with the same lines measured
in the laboratory. Through detection of H2 and HD lines in absorbing galaxies
upper limits on µ-variation have been deduced, resulting in a ∆µ/µ < 1×10−5

constraint at redshifts z = 2 − 3.5, corresponding to look-back times of 10-12
billion years towards the origin of the Universe [129, 130]. For a reliable com-
parison, a database of accurately calibrated laboratory wavelengths must be
available and this has been accomplished through laser spectroscopic investi-
gations of the Lyman and Werner band absorption systems in H2 [73, 81] and
HD [131]. Further, to make such a comparison operational, sensitivity coeffi-
cients Kµ must be calculated for all lines in the spectrum; these Kµ represent
the wavelength shift induced on a line by a varying µ. Such calculations have
been carried out for the H2 molecule using different methods [132, 133, 134] as
well as for the HD isotopomer [135].

Through radio astronomical observations of the NH3 molecule even tighter
constraints at the ∆µ/µ < 1× 10−6 level could be deduced, because the tran-
sitions in the NH3 molecule exhibit much larger Kµ coefficients. However,
this ammonia method has only been applied in the two systems where NH3

is detected (B0218+365 [136, 137] and PKS1830-211 [138]) at redshifts z < 1,
or look-back times of 6-7 billion years. In addition the methanol molecule
was identified as a molecule with radio-frequency transitions exhibiting very
large sensitivity coefficients due to the internally hindered rotation mode in
the molecule [139, 140, 141]. Such methanol lines were observed in the single
object PKS1830-211 [142, 143] and a constraint of ∆µ/µ < 1 × 10−7 was de-
rived [144]. Thus far the radio astronomical observations have been limited to
z < 1.

Because the number of useful H2 high redshift absorber systems is less than
ten, additional methods are explored for constraining µ variation at redshifts
z > 1. Recently a number of high-redshift observations were reported on the
A1Π - X1Σ+ vacuum ultraviolet absorption system of carbon monoxide, first
in Q1439+113 at zabs = 2.42 [145], then in Q1604+220 at z = 1.64 [146],
in Q1237+064 at z = 2.69 [147], and finally in three additional systems:
Q0857+18 at z = 1.73, Q1047+205 at z = 1.77, and Q1705+354 at z =
2.04 [148]. While these observations, all performed with the ESO Very Large
Telescope, were mainly used to measure the local cosmic background temper-
ature, we propose to use the high-resolution spectral observations of CO A-X
to search for ∆µ/µ at these redshifts. We note that, in addition, spectra of the
CO A-X system as observed toward γ-ray bursts could be used for the same
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4.2. Fourier transform spectroscopy

purpose, although the only system with these spectral features detected so far
(GRB060807) was observed at a too limited spectral resolution [149]. The rest-
frame wavelengths of the CO A-X bands are in the wavelength range 130−154
nm, hence longward of Lyman-α, so that the CO spectral features in typical
quasar spectra will fall outside the region of the Lyman-α-forest (provided that
the emission redshift of the quasar zem is not too far from the redshift zabs of
the intervening galaxy exhibiting the molecular absorption). The occurrence
of the Lyman-forest lines is a major obstacle in the search for µ variation via
H2 lines [129, 130].

The present study provides the ingredients to make the CO A-X system op-
erational for detecting µ variation from quasar absorption spectra. In order
to extract bounds on ∆µ/µ at the competitive level of < 10−5, a laboratory
wavelength data set at an accuracy of ∆λ/λ = 3 × 10−7 is required. The
A1Π - X1Σ+ absorption system has been investigated over decades, with an
important comprehensive study by Field et al. [29, 150], resulting in the most
accurate data by Le Floch and coworkers [151, 152, 153, 154]; the data were
compiled for astronomical use by Morton and Noreau [155]. The accuracy of
those data was however limited to 0.06 cm−1 or ∆λ/λ = 1 × 10−6. This is
insufficient for an accurate constraint on ∆µ/µ, since the laboratory values
would make up an essential part of the error budget. Moreover Drabbels et
al. [156] had performed an intricate multistep excitation study to derive level
energies of four (e)-parity levels of A1Π, v = 0, J = 1 − 4 at an accuracy of
0.002 cm−1; these results were found to deviate by -0.04 cm−1 from the classi-
cal data [151, 152, 153, 154, 155]. This has led us to perform two independent
studies, a one-photon absorption study employing synchrotron radiation and
a two-photon Doppler-free laser-based excitation study, to match the accuracy
requirement on the wavelengths for the relevant (v = 0 − 9, 0) bands of the
CO A-X system. In addition, a calculation of Kµ sensitivity coefficients for the
spectral lines in the CO A-X system was performed.

4.2 Fourier transform spectroscopy

The unique vacuum-ultraviolet (VUV) Fourier-transform spectrometer (FTS)
of the VUV DESIRS beamline [157] at the SOLEIL synchrotron, which is
based on wavefront division interferometry [158], was employed to record high-
resolution absorption spectra of CO in the range 130 − 154 nm. The setup
was optimized for obtaining spectra at the highest resolution: a molecular
slit jet was used to reduce the Doppler width, and the FTS was set to its
lowest linewidth of 0.075 cm−1, corresponding to a resolving power of about
900 000. In Fig. 4.1 an overview spectrum and a detail spectrum are pre-
sented, showing sharp lines in the A1Π–X1Σ+ (0,0) band at a linewidth of
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Figure 4.1 – (Color online) Recording of the jet absorption spectrum of 12C16O
with the Fourier-transform vacuum ultraviolet spectrometer at the SOLEIL syn-
chrotron. (a) Overview spectra; (b) Detail spectrum of the A-X (0,0) band. The
line indicated by an (*) is a Xe absorption line used for absolute calibration.

0.09 cm−1. Wavelength calibration of the FTS spectrum is derived from the
scan-controlling He-Ne laser [158] and further optimized for the absolute scale
referenced to a Xenon line at 68 045.156 (3) cm−1 [159], which is based on
accurate relative measurements [160] and the measurement of a VUV an-
chor line [161]. Based on these calibration procedures the uncertainty in the
line positions of most CO resonances is estimated to be within 0.01 cm−1,
corresponding to ∆λ/λ = 1.5 × 10−7. Resulting transition frequencies for
the CO A-X (v, 0) bands are listed in Table 4.1. When comparing the re-
sults from this high-resolution VUV-FTS study with the classical spectral
data [151, 152, 153, 154, 155] we find an offset of -0.03 cm−1 between the
data sets. These offsets are found to be in agreement with those of Drabbels et
al. [156] for the four levels studied.
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Table 4.1 – Calibrated one-photon transition frequencies (in vacuum cm−1) in the A1Π -X1Σ+ (v,0) bands. Lines
indicated with (*) are derived from the Doppler-free two-photon laser excitation study of the (0,0) and (1,0) bands
and ground state level energies [162]. The other lines are derived from the VUV-FTS study.

J ′′ R Q P R Q P

(0,0) (1,0)
0 64747.983 (2)* 66236.228 (2)*
1 64750.504 (2)* 64744.140 (2)* 66238.502 (2)* 66232.384 (2)*
2 64752.359 (2)* 64742.828 (2)* 64736.448 (2)* 66240.016 (2)* 66230.813 (2)* 66224.694 (2)*
3 64753.54 (1) 64740.863 (2)* 64731.279 (2)* 66240.798 (2)* 66228.482 (2)* 66219.278 (2)*
4 64754.01 (1) 64738.233 (2)* 64725.446 (2)* 66240.85 (1) 66225.422 (2)* 66213.103 (2)*
5 64753.73 (1) 64734.934 (2)* 64718.92 (1) 66240.25 (1) 66221.654 (2)* 66206.198 (2)*

(2,0) (3,0)
0 67678.89 (1) 69091.62 (1)
1 67681.27 (1) 67675.04 (1) 69093.90 (1) 69087.78 (1)
2 67682.93 (1) 67673.59 (1) 67667.35 (1) 69095.42 (1) 69086.23 (1) 69080.09 (1)
3 67683.85 (1) 67671.39 (1) 67662.05 (1) 69096.17 (1) 69083.90 (1) 69074.70 (1)
4 67684.06 (1) 67668.47 (1) 67656.01 (1) 69096.12 (1) 69080.79 (1) 69068.52 (1)
5 67683.51 (1) 67664.82 (1) 67649.25 (1) 69095.31 (1) 69076.90 (1) 69061.57 (1)

(4,0) (5,0)
0 70469.92 (1) 71811.97 (1)
1 70472.07 (1) 70466.10 (1) 71814.05 (1) 71808.12 (1)
2 70473.41 (1) 70464.43 (1) 70458.45 (1) 71815.28 (1) 71806.38 (1) 71800.42 (1)
3 70473.85 (1) 70461.92 (1) 70452.84 (1) 71815.64 (1) 71803.76 (1) 71794.84 (1)
4 70473.49 (1) 70458.56 (1) 70446.46 (1) 71815.16 (1) 71800.29 (1) 71788.39 (1)

continued on next page47
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J ′′ R Q P R Q P

5 70472.34 (1) 70454.35 (1) 70439.25 (1) 71813.78 (1) 71795.94 (1) 71781.08 (1)

(6,0) (7,0)
0 73119.52 (1) 74394.47 (1)
1 73121.52 (1) 73115.67 (1) 74396.38 (1) 74390.62 (1)
2 73122.57 (1) 73113.83 (1) 73108.00 (1) 74397.33 (1) 74388.68 (1) 74382.95 (1)
3 73122.67 (1) 73111.04 (1) 73102.29 (1) 74397.30 (1) 74385.79 (1) 74377.16 (1)
4 73121.83 (1) 73107.29 (1) 73095.65 (1) 74396.33 (1) 74381.92 (1) 74370.40 (1)
5 73119.97 (1) 73102.60 (1) 73088.08 (1) 74394.38 (1) 74377.10 (1) 74362.71 (1)

(8,0) (9,0)
0 75634.35 (1) 76840.23 (2)
1 75636.15 (1) 75630.52 (1) 76841.92 (2) 76836.43 (2)
2 75636.94 (1) 75628.46 (1) 75622.80 (1) 76842.60 (2) 76834.26 (2) 76828.72 (2)
3 75636.73 (1) 75625.42 (1) 75616.92 (1) 76842.16 (2) 76831.03 (2) 76822.77 (2)
4 75635.46 (1) 75621.33 (1) 75610.03 (1) 76840.71 (2) 76826.78 (2) 76815.61 (2)
5 75633.20 (1) 75616.24 (1) 75602.12 (1) 76838.14 (2) 76821.50 (2) 76807.63 (2)
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Figure 4.2 – (Color online) Recording of part of the two-photon laser excita-
tion spectrum of the A1Π - X1Σ+ (0,0) band of CO. The etalon markers and
the I2 hyperfine line (*) recorded in the fundamental are used for frequency
calibration.

4.3 UV laser spectroscopy

In addition two-photon excitation studies on the CO A1Π–X1Σ+ system were
performed employing a pulsed dye amplifier (PDA) laser, injection seeded by
the output of a continuous-wave ring dye laser, delivering narrowband output
at ∼ 300 nm [163]. Simultaneous recording of I2 hyperfine lines [127, 164]
and transmission peaks from a stabilized etalon using the fundamental wave-
length provides frequency calibration. The excitation was performed in a
counter-propagating beam geometry to suppress Doppler effects [26]. In a 2+1’
resonance-enhance multiphoton ionization (REMPI) scheme a second laser at
207 nm is employed for ionizing the A1Π excited-state population; this laser is
pulse delayed by ∼ 10 ns with respect to the first laser pulse to avoid ac-Stark
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4. The A-X system of CO molecule to probe variation of µ

Table 4.2 – Estimated uncertainties (in MHz) for the transition frequencies
measured with the PDA laser system.

Source Uncertainty (MHz)
Line-fitting 2
Residual Doppler < 1
I2 calibration 2
etalon nonlinearity 2
AC-Stark shift 20
DC-Stark shift < 1
PDA chirp 60
Statistical 30
Total 70

effects by the ionizing laser pulse. Delayed pulsed-electric-field ion extraction
is also employed to minimize dc-Stark effects. Figure 4.2 shows a recording of
an excitation spectrum of part of the A-X (0,0) band. Due to availability and
wavelength tunability of the ring dye laser, the laser studies were performed
on the A-X (1,0) and (0,0) bands.

The error budget in Table 4.2 lists the estimate of uncertainty contributions
from various sources. The ac-Stark shift corrections were obtained from intensity-
dependent measurements and extrapolating the transition frequencies to zero
intensity levels. The accuracy of the obtained transition frequencies from the
laser measurements is limited by the frequency chirp in the PDA laser. Based
on previous characterization of the chirp of our PDA system [163], we estimate
a 60 MHz contribution from the chirp for this study since a lower-order fre-
quency upconversion of the laser was used. Furthermore, the measurements
were performed at lower PDA-pump energies compared to Ref. [163], which
also reduce the chirp effect. We estimate the uncertainty of the line frequen-
cies from the PDA investigation to be 70 MHz or 0.002 cm−1.

In view of parity selection rules, in the two-photon laser experiment opposite
parity Λ-doublet components in the A1Π state are excited when compared
to the one-photon absorption experiment. Accurate values for the Λ-doublet
splittings in the A1Π state can be deduced from measurements in the S, Q,
R and P branches (the O branch was not recorded), and from the accurately
known ground state level energies [162]. Based on this analysis, the laser
data were converted to transition frequencies for one-photon A-X bands at an
accuracy of 0.002 cm−1, and listed in Table 4.1.

The results from the laser-based study serve a two-fold purpose. First, they
provide a reliable database for comparison with quasar data at the level of
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∆λ/λ = 3× 10−8 for the A-X (0,0) and (1,0) bands. Second, a comparison be-
tween the present laser data and the VUV-FTS data show agreement between
both data sets at a statistical uncertainty within 0.01 cm−1. Hence, we con-
clude that the calibration procedures on the VUV-FTS spectra yield transition
frequencies within the estimated uncertainty of 0.01 cm−1. This provides a
database of CO A-X lines for bands (v = 2 − 8) at ∆λ/λ = 1.5 × 10−7 accu-
racy. A slightly worse uncertainty estimate of 0.02 cm−1 is quoted for the (9,0)
band, which has a lower signal-to-noise ration (SNR) compared to the other
bands due to its smaller transition strength.

4.4 Sensitivity coefficients

For extracting a possible variation of the proton-to-electron mass ratio µ a
set of highly redshifted wavelengths λiz is compared with a set of rest-frame
wavelengths λi0 via [134]:

λiz
λi0

= (1 + zabs)(1 +Ki
µ

∆µ

µ
) (4.1)

where zabs is the redshift of the intervening galaxy absorbing CO and Ki
µ the

sensitivity coefficient for each line to a variation of µ:

Ki
µ =

d lnλi

d lnµ
= − µ

Eie − Eig
(
dEie
dµ
− dEig

dµ
) (4.2)

with Eie and Eig the excited- and ground-state energies connecting an optical
transition in the molecule. It is noted that the definition of Eq. (4.2) yieleds Kµ

coefficients of opposite sign with respect to other studies, where the definition
∆ν/ν = Kµ∆µ/µ is used (see e.g. Ref. [139, 141]). The specific definition of
Eq. (4.2) is consistent with its use in Eq. (4.1). The relative variation of the
proton-electron mass ratio is defined as ∆µ ≡ µz−µ0, meaning that a positive
value for ∆µ/µ indicates a larger value of µ in the cosmological past.
Rovibrational level energies E(v, J) can be expressed in terms of a Dunham
expansion

E(v, J) =
∑
k,l

Yk,l

(
v +

1

2

)k
[J(J + 1)− Λ2]l (4.3)

with Yk,l the Dunham coefficients, known to sufficient accuracy for the X1Σ+

state [165] and for the A1Π state [166]. Λ represents the electronic angu-
lar momentum, Λ = 0 for X1Σ+ and Λ = 1 for A1Π. The advantage of
the Dunham representation of molecular states is that the coefficients scale

as Yk,l ∝ µ
−l−k/2
red , with µred the reduced mass of the molecule. In studies
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4. The A-X system of CO molecule to probe variation of µ

focusing on µ-variation it is assumed that all atomic masses scale as the pro-
ton, i.e protons and neutrons treated equally, hence µred can be replaced by
µ in this analysis [134, 167]. Thus the derivatives for the level energies can be
analytically taken with

dYk,l
dµ

≈ −Yk,l
µ

(
l +

k

2

)
(4.4)

Substitution in Eqs. (4.3) and (4.2) then straightforwardly yields the sensitivity
coefficients Kµ for the A-X lines of CO.
Interactions of the A1Π state with triplet states in the CO molecule perturb
the level structure [29, 150]. The level shifts play an important role in the com-
parative analysis of quasar data to extract µ variation, but these are implicitly
included in the experimental determination of spectral line positions, i.e. in
the values of Table 4.1. However, in the calculation of Kµ coefficients the ad-
mixtures of perturbing character into the wave function composition in A1Π
states should also be accounted for. In Refs. [134, 167] a model is proposed
to calculate the Kµ coefficients in the case of non-adiabatic mixing between
B1Σ+

u and C1Πu levels in H2. This model can be adopted for CO and in good
approximation one may derive coefficients

Kµ = αpureKpure +
∑

αpertKpert (4.5)

where Kpure refers to Kµ coefficients for transitions of the state in consideration
and Kpert refer to those of the perturber states, while α refers to the admixture
in the wave function composition (given in Ref. [155]).
Perturbation-corrected Kµ coefficients were calculated using Dunham represen-
tations for the perturbing d3∆ state from Ref. [168], and e3Σ−, I1Σ−, a′3Σ+

states from Ref. [169], (we have collected the Dunham coefficients in the Sup-
plementary material [170]). The second-order mass-dependent effect (adiabatic
correction) is estimated to be at the 5× 10−5 level and has been neglected.
It follows from Eq. (4.5) that the correction to the Kµ coefficients depends on
both the amount of admixture of the perturbing state in the wave function, as
well as on the value of the Kµ coefficients for the pure perturber state. The
most pronounced perturbation occurs between A1Π (v = 1) and d3∆ (v = 5),
with the highest triplet admixture of 17% for the J ′ = 1 state. In addition,
the perturber Kµ value is more than four times that of the pure A state value,
resulting in a correction of 55% to the Kµ value compared to the case when
the perturbation is not included. The A1Π (v = 0) state is only very slightly
perturbed by the d3∆ (v = 3, 4) states with 0.13% wave function admixture.
However, the perturber Kµ is 10 times larger than that of the pure A state
value, resulting in 1.5% correction for Kµ. The A1Π (v = 4) rotational states
can have Kµ-corrections up to 5%, while the A1Π (v = 6, J = 8) rotational st-
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Table 4.3 – Kµ sensitivity coefficients for 12C16O A1Π - X1Σ+ (v′ − v′′) bands. The uncertainty is estimated to
be better than 1%.

J ′′ R Q P R Q P R Q P

(0-0) (1-0) (2-0)
0 -0.00232 0.01312 0.01850
1 -0.00227 -0.00237 0.01280 0.01306 0.01853 0.01844
2 -0.00223 -0.00238 -0.00249 0.01235 0.01269 0.01294 0.01855 0.01842 0.01833
3 -0.00219 -0.00239 -0.00257 0.01183 0.01218 0.01251 0.01856 0.01838 0.01825
4 -0.00216 -0.00240 -0.00264 0.01129 0.01160 0.01195 0.01856 0.01834 0.01816
5 -0.00212 -0.00239 -0.00273 0.01077 0.01100 0.01132 0.01854 0.01828 0.01806
6 -0.00207 -0.00234 -0.00281 0.01029 0.01042 0.01066 0.01847 0.01821 0.01795
7 -0.00199 -0.00219 -0.00289 0.00989 0.00989 0.01002 0.01847 0.01813 0.01782
8 -0.00185 -0.00168 -0.00296 0.00954 0.00943 0.00943 0.01843 0.01804 0.01763

(3-0) (4-0) (5-0)
0 0.02756 0.03784 0.04329
1 0.02759 0.02750 0.03783 0.03697 0.04331 0.04324
2 0.02761 0.02748 0.02740 0.03771 0.03680 0.03695 0.04332 0.04321 0.04314
3 0.02761 0.02744 0.02732 0.03749 0.03659 0.03685 0.04332 0.04317 0.04306
4 0.02761 0.02739 0.02723 0.03720 0.03636 0.03667 0.04331 0.04312 0.04297
5 0.02759 0.02734 0.02712 0.03690 0.03614 0.03643 0.04328 0.04305 0.04286
6 0.02756 0.02726 0.02701 0.03661 0.03594 0.03614 0.04324 0.04297 0.04274
7 0.02751 0.02718 0.02688 0.03636 0.03575 0.03583 0.04318 0.04288 0.04261
8 0.02746 0.02708 0.02675 0.03614 0.03556 0.03552 0.04311 0.04277 0.04247

continued on next page53
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J ′′ R Q P R Q P R Q P

(6-0) (7-0) (8-0)
0 0.05039 0.05612 0.06162
1 0.05044 0.05034 0.05614 0.05607 0.06163 0.06157
2 0.05051 0.05034 0.05024 0.05615 0.05605 0.05598 0.06169 0.06154 0.06147
3 0.05061 0.05034 0.05019 0.05614 0.05600 0.05590 0.06162 0.06149 0.06139
4 0.05066 0.05037 0.05016 0.05611 0.05594 0.05581 0.06159 0.06143 0.06136
5 0.05124 0.05048 0.05016 0.05607 0.05587 0.05570 0.06154 0.06135 0.06119
6 0.05481 0.05097 0.05011 0.05602 0.05578 0.05558 0.06148 0.06120 0.06106
7 0.05435 0.05452 0.05059 0.05595 0.05568 0.05544 0.06135 0.06109 0.06092
8 0.05202 0.05381 0.05407 0.05587 0.05556 0.05529 0.06132 0.06103 0.06077

(9-0) (10-0)
0 0.06646 0.07078
1 0.06647 0.06641 0.07079 0.07074
2 0.06647 0.06638 0.06632 0.07079 0.07070 0.07064
3 0.06646 0.06633 0.06624 0.07077 0.07065 0.07057
4 0.06642 0.06627 0.06615 0.07073 0.07059 0.07047
5 0.06638 0.06619 0.06604 0.07068 0.07051 0.07036
6 0.06631 0.06610 0.06591 0.07061 0.07041 0.07023
7 0.06623 0.06599 0.06577 0.07053 0.07029 0.07009
8 0.06614 0.06586 0.06561 0.07042 0.07016 0.06993
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Figure 4.3 – (Color online) Calculated Kµ coefficients for the spectral lines in
the A-X system of CO. The spread in Kµ values, shown enlarged in the insets
for the (1,0) and (4,0) bands, illustrate the effect of perturber states.

ate correction is almost 10%. The rest of the bands have Kµ-corrections that
are less than 1%. The Kµ coefficients are represented graphically in Fig. 4.3,
where the scatter in the (v = 1, 4 and 6) bands show the effect of perturbations.
The resulting Kµ coefficients are listed in Table 4.3. The accuracies in these Kµ

coefficients are estimated to be better than 1%, with the dominant uncertainty
contributions from the perturbations (non-adiabatic corrections), which depend
on the quantum numbers v′, J ′ of the upper state.

4.5 Discussions

Kµ coefficients for CO A-X are thus found in the range of values -0.002 to
+0.066, giving a spread equal to that of the Lyman and Werner bands of
H2. This makes the A-X system of CO a good search ground for putting
constraints on a possible variation of µ, in particular, at look-back times of
9.5-11.5 billion years where these features have been detected so far [145, 146,
147, 148]. A set of zero-rest frame wavelengths of A-X (v = 0− 9, 0) bands has
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4. The A-X system of CO molecule to probe variation of µ

been measured with most transitions at an accuracy of ∆λ/λ = 1.5 × 10−7,
and for the (0,0) and (1,0) bands, even as accurate as 3× 10−8. The combined
data sets of rest-frame wavelengths and sensitivity coefficients are the basis
for a µ-variation analysis on CO spectra from high-redshift galaxies, where
the analysis will be solely constrained by the quality of the astronomical data.
So far six high redshift galaxies have been observed with characteristic CO
A-X features. The best example is that of a CO spectrum observed at z =
2.69 with a column density of logN(CO)= 14.17 cm−2 in the sight-line of the
Q1237+064 quasar system, showing a signal-to-noise ratio of 10-40 (over the
wavelength range) and resolution R ∼ 50 000 after 8 hrs observation at the
ESO Very Large Telescope [147]. Extended observations with attached Th-Ar
calibration of the astronomical exposures (not available yet for the discovery
spectrum of Ref. [147]) would result in a competitive result on ∆µ/µ from
the CO spectra, i.e. an estimated constraint at ∆µ/µ < 10−5. The objects
where CO is detected exhibit large column densities of H2 and HD molecules,
since extragalactic abundance ratios are generally N(H2)/N(CO) > 104 and
N(HD)/N(CO) ∼ 1. Hence, future comprehensive µ constraining analyses can
be performed from the features of all three molecules contained in the same
quasar spectrum. In view of the increased number of spectral lines, the wider
wavelength coverage, and the CO lines lying outside the Lyman-α forest, well-
calibrated (Th-Ar attached) and good signal-to-noise observations (SNR 40)
should lead to constraints at ∆µ/µ < 3×10−6. The system Q1237+064 would
be the first target of choice.

4.6 Conclusion

We have identified the A1Π−X1Σ+ band system of carbon monoxide, a probe
system to search for possible variations of the proton-electron mass ratio (µ)
on cosmological time scales. Laboratory wavelengths of the spectral lines of
the A-X (v,0) bands for v = 0 − 9 have been determined at an accuracy of
∆λ/λ = 1.5 × 10−7 through VUV Fourier-transform absorption spectroscopy,
providing a comprehensive and accurate zero-redshift data set. Two-photon
Doppler-free laser spectroscopy has been applied for the (0,0) and (1,0) bands,
achieving 3 × 10−8 accuracy level. Accurate sensitivity coefficients Kµ for
a varying µ have been calculated for the CO A-X bands, where the effect of
perturbations has been accounted for. It is expected that future µ constraining
analyses that include H2 and HD and CO transitions from the same absorber
should result in a more accurate and robust constraint for ∆µ/µ.

56



4.7. Acknowledgement

4.7 Acknowledgement

This work was supported by the Netherlands Astrochemistry Program of NWO
(CW-EW). We are indebted to the general staff of the SOLEIL synchrotron
for support. We thank Dr. R.W. Field for fruitful discussions.

57





CHAPTER 5
High resolution spectroscopy and

perturbation analysis of the CO

A1Π−X1Σ+ (0,0) and (1,0) bands

Published as Mol. Phys. 111, 2163, 2013

The two lowest-v′ (0,0) and (1,0) bands of the A1Π−X1Σ+ system of 12C16O
have been investigated by two high resolution spectroscopic methods. A vacuum
ultraviolet Fourier-transform spectrometer, illuminated by synchrotron radia-
tion, was applied to record a jet-cooled spectrum and a room temperature static
gas spectrum, resulting in absolute accuracies of 0.01−0.02 cm−1. In addition
two-photon Doppler-free laser spectroscopy has been applied to a limited number
of rotational lines, resulting in an accuracy of 0.002 cm−1. The data were used
to perform an improved analysis of the perturbations in the A1Π, v = 0 and
v = 1 levels by vibrational levels in the D1∆, I1Σ−, e3Σ−, d3∆, and a′3Σ+

states.
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5. CO A1Π−X1Σ+ (0,0) and (1,0) bands

5.1 Introduction

The A1Π−X1Σ+ band absorption system of carbon monoxide has been known
since its first observation as band heads in 1888 by Deslandres, who labeled
it as the fourth positive system [171]. Simmons et al. recorded and analyzed
rotationally resolved spectra of the A1Π−X1Σ+ (v′, 0) bands in absorption up
to v′ = 23 [166]. The A1Π state was also investigated via the Ångstrom bands
(B1Σ+ −A1Π system), initially by Birge [172], later by Kepa and Rytel [173],
and thereafter with very high accuracy by Fourier-transform (FT) spectroscopy
by Le Floch and Amiot [174]. In addition, information is extracted from the
Herzberg bands (C1Σ+−A1Π system) [175] and the E1Π−A1Π system [176].

A comprehensive study of the perturbations in the A1Π state was performed
by Field et al. [150], based on the knowledge available in 1972. For analyz-
ing the perturbations in the A1Π state the spectroscopic investigations of the
perturbing states, observed in forbidden systems, are of relevance. Herzberg
and Hugo observed the a′3Σ+−X1Σ+ and e3Σ−−X1Σ+ systems [177], while
Herzberg et al. observed the d3∆ − X1Σ+ system [168], Simmons and Til-
ford the D1∆ − X1Σ+ system [178] and Herzberg et al. the I1Σ− − X1Σ+

system [179].

Spectroscopic absorption and emission data of improved resolution were ob-
tained by Le Floch and coworkers for some A1Π−X1Σ+ bands, as well as the
perturbing intercombination bands, at an absolute accuracy of 0.06 cm−1. In
particular a very detailed perturbation analysis of the A1Π, v = 0 state was
performed for rotational states up to J = 75 [151] and for the specific rotation-
electronic interaction between the A1Π and D1∆ states [180]. Details of an
analysis of the A1Π, v = 1 state, as performed by Le Floch [152], can be found
in the compilation of classical data by Morton and Noreau [155]. Notwith-
standing the high accuracy of the data obtained from the classical studies,
Drabbels et al. found small deviations for level energies of four (e)-parity lev-
els of A1Π, v = 0, J = 1−4 from a laser excitation study [156] performed at an
accuracy of 0.002 cm−1; values for these levels were found to deviate by -0.037
cm−1 from the classical data [151].

For targeted studies using the A1Π − X1Σ+ bands of carbon monoxide to
probe possible variations of the proton-to-electron mass ratio µ = mp/me on
cosmological time scales, an absolute accuracy of 0.01 cm−1 is required [134].
Therefore our team set out to remeasure the A1Π−X1Σ+ spectra at high res-
olution and accuracy, and part of the data have been published recently in the
context of searching for µ-variation [7]. Here we report a more extensive data
set for the A1Π−X1Σ+ (0,0) and (1,0) bands, as obtained from (i) a vacuum
ultraviolet (VUV) FT study in both molecular jet and static gas configura-
tions, and (ii) a Doppler-free two-photon laser excitation study. By including
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5.2. Experimental

highly accurate spectroscopic information on the X1Σ+ground state of 12C16O
obtained from infrared [165] and far-infrared studies [162] an improved analysis
of the perturbations in the A1Π, v = 0 and v = 1 states is presented.

5.2 Experimental

Two independent high-resolution spectroscopic studies of the A1Π − X1Σ+

(0,0) and (1,0) bands were performed. The experimental methods have been
described in Ref. [7], and are only introduced briefly here.

VUV-FT spectroscopy

The VUV-FT spectrometer installed at the end of the SOLEIL DESIRS (Dichro-
ı̈sme Et Spectroscopie par Interaction avec le Rayonnement Synchrotron) beam-
line synchrotron was used for recording direct absorption spectra, hence the
transitions probed follow one-photon selection rules. For a detailed description
of this instrument we refer to Refs. [158, 181]. Of importance are the condi-
tions and configurations under which the gas-phase absorption was monitored:
a windowless cell-configuration and a free-jet configuration. A windowless T-
shaped cell-configuration of 10 cm length was employed to record a spectrum
from quasi-static CO gas. A free-jet configuration was used to measure the nar-
row lines characteristic of a jet-cooled beam, delivering spectra at a rotational
temperature of 12 K, and with reduced Doppler width. Typical VUV-FTS
spectra obtained from both configurations are shown in Fig. 5.1
In order to achieve optimum resolution in both configurations, each measure-
ment was recorded by taking 1978 kilo-samples of data throughout the moving
arm travel distance of ∼ 40 mm. This setting produces an instrumental reso-
lution of 0.075 cm−1 or resolving power of 900 000. When the travel distance
of the moving arm is known [158, 181], the wavelength of the FT spectrometer
is intrinsically calibrated. Verification and further fine-tuning of the absolute
calibration is obtained from on-line recording of a xenon line, which is produced
in the gas filter employed for filtering the harmonics generated in the undulator
section of the beam line. The calibration line is the Xe resonance at 68 045.156
(3) cm−1 [159], which is based on accurate relative measurements [160] and the
measurement of a VUV anchor line [161].

Two-photon laser study

Two-photon Doppler-free excitation studies on the CO A1Π − X1Σ+ system
were performed with the pulsed-dye-amplifier (PDA) laser system at Amster-
dam, which has been used in several studies and described in previous pub-
lications (e.g. Ref. [163]). It consists of a three-stage narrowband tunable
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Figure 5.1 – (Color online) Spectra recorded with the vacuum ultraviolet
Fourier-transform setup at the SOLEIL synchrotron. On the left the room
temperature static gas absorption spectra are displayed, and on the right the jet
absorption spectra. In the top row are overview spectra, in the middle panels a
zoom-in on the (1,0) band, and the lower panels are detailed views of the spec-
tra that demonstrate the linewidths. Note the narrow linewidth for the lowest
J-levels in the jet spectra, and the increased linewidth for the higher J-levels,
due to contributing absorption by background static gas.

PDA, seeded by the output of a cw ring dye laser (Spectra Physics 380 D),
and pumped by a Nd:YAG laser, delivering nearly FT limited laser pulses of 5
ns duration. For absolute frequency calibration of the seed laser I2 saturated
absorption spectra were recorded for reference [127, 164], while transmission
peaks of a length-stabilized etalon (of free spectral range 148.96 MHz) was em-
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5.2. Experimental

Figure 5.2 – (Color online) Experimental configuration employed for the 2+1’
REMPI laser measurements. In the top part the CW ring dye laser, and the
calibration facilities are shown. In the lower right part the pulsed dye amplifier
(PDA) setup is depicted. The lower left part shows the interaction zone of the
molecular beam with the two ultraviolet laser beams, and the Sagnac interfero-
metric geometry for the frequency-doubled output of the injection-seeded PDA.
The acronyms BBO, KDP and KD*P refer to crystals used for non-linear up-
conversion of laser radiation.

ployed for interpolation and for linearization of the scan. The pulsed output
of the PDA system was frequency doubled in a KDP crystal, and the tunable
UV pulses were employed in the two-photon experiment.

Two-photon laser excitation is performed after splitting the UV-laser beam in
two parts, each one perpendicularly crossing a pulsed and skimmed molecular
beam, arranged from opposite sides as illustrated in Fig. 5.2. Exact counter-
propagation is achieved by aligning the beams as part of a Sagnac interferome-
ter [83] to avoid residual Doppler-shifts. Considering the compromise between
the signal-to-noise ratio and AC-Stark effects, each FT limited UV-laser beam
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Figure 5.3 – (Color online) Assessment of the AC-Stark effect on the two-
photon S(0) and R(2) lines in the A1Π−X1Σ+ (0,0) band of CO. The true value
of the transition frequency is determined from extrapolation to zero intensity.

is loosely focused with a 1-m lens. Another deep UV beam of 207 nm, gen-
erated by frequency tripling the 621 nm output of a pulsed dye laser system
(Spectra-Physics PDL3), is employed for ionizing the A1Π excited state popu-
lation in a 2+1’ resonance enhanced multi-photon ionization (REMPI) scheme.
It is noted that one photon at 207 nm suffices to ionize a molecule excited into
the A1Π state. In order to avoid AC-Stark effects from the ionization laser,
its pulse timing is delayed by 10 ns with respect to the excitation laser. CO+-
ions, produced upon REMPI, are accelerated in a time-of-flight tube toward a
multichannel plate (MCP) detector.

Sources of uncertainty in the absolute frequency calibration in the laser experi-
ment were investigated. The statistical uncertainty associated with remeasure-
ment of the lines is found to be 0.001 cm−1. The dominant source of system-
atic uncertainty is the effect of frequency chirp in the PDA [163], amounting
to 0.002 cm−1 in the presently used two-photon excitation mode; this esti-
mate is deduced from quantitative investigations of this phenomenon [86]. A
second source is in the AC-Stark effect, which is studied in detail. Measure-
ments of the transition frequency as a function of power density are shown
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for the example of the S(0) and R(2) lines in the A1Π −X1Σ+ (0,0) band in
Fig. 5.3. The S(0) transition frequency plotted in Fig. 5.3 is offset by 64754
cm−1, while that for R(2) is offset by 64 752 cm−1. It is noted that in view
of experimental limitations the power density can only be given on a relative
scale in Fig. 5.3. The AC-Stark measurements were used for extrapolation to
zero power density, yielding the true transition frequencies. The fitting un-
certainty of the extrapolated AC-Stark value is 0.0007 cm−1. The possible
Doppler-shift in a two-photon experiment on a molecular beam is minimized
by employing the Sagnac interferometric scheme to ascertain that laser beams
are counter-propagating [83]. The other sources of uncertainty such as line-
fitting, I2 calibration, etalon nonlinearity and DC-Stark shift make very small
contributions. The overall uncertainty in the strongest laser lines with good
signal-to-noise ratio is estimated to be 0.002 cm−1.

5.3 Results

VUV-FT data

VUV-FT spectra for the A1Π−X1Σ+ (0,0) and (1,0) bands of CO are recorded
in a molecular jet expansion and in a room temperature static gas cell. Overview
spectra for both configurations are shown in Fig. 5.1. It is noted that in the
jet-cooled spectrum, the spectral contributions from background gas give rise
to broadened pedestals to the narrow lines. From the Boltzmann distribution
a rotational temperature of 320 ± 20 K and a linewidth of 0.16 cm−1 are de-
duced for the static cell configuration. For the jet-configuration a bi-modal
temperature distribution is found, as a consequence of some room temperature
background gas residing in the VUV beam path. The rotational temperature
of the jet component is 12 ± 1 K, while for the room temperature pedestal a
rotational temperature of 340 ± 60 K is derived. The linewidth of the jet part
of the spectral lines is 0.09 cm−1, while the pedestal exhibits a width of 0.16
cm−1.

Some 118 transitions of CO A1Π − X1Σ+ (0,0) and (1,0) bands, measured
with the VUV-FTS, are presented in Table 5.1. In addition 23 absorption lines
of excitations to perturber states are listed in Table 5.2 and Table 5.3. The
subscripts e and f in Tables 5.1–5.3 indicate the electronic symmetry of the
upper state to emphasize that the FTS and two-photon laser transitions (see
Table 5.5 and detailed descriptions below) obey different selection rules and
thus access different upper states for a given lower state. The superscripts Q
and O in Table 5.2 denote the e3Σ− total angular momentum excluding spin,
according to the notation in Ref. [155]. Accurate line positions in these tables
are obtained by fitting the FTS data with a model that correctly describes the
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5. CO A1Π−X1Σ+ (0,0) and (1,0) bands

Table 5.1 – Calibrated one-photon transition frequencies (in vacuum cm−1)
in the 12C16O A1Π −X1Σ+ (0,0) and (1,0) bands from the VUV-FTS study.
Lines marked with b were blended, and with w were weak in the spectrum. The
estimated uncertainty is 0.01 cm−1(1σ) except for the weak or blended lines.

J Re(J) Qf (J) Pe(J) Re(J) Qf (J) Pe(J)

(0,0) (1,0)
0 64747.97 66236.22
1 64750.50b 64744.13 66238.49 66232.38
2 64752.35 64742.83b 64736.44 66240.01 66230.80 66224.69
3 64753.54 64740.86 64731.25 66240.79b 66228.48 66219.27
4 64754.01 64738.23 64725.44 66240.85b 66225.41 66213.09
5 64753.73 64734.93 64718.92b 66240.25 66221.64 66206.20b

6 64752.62 64730.95 64711.72 66238.99 66217.19 66198.58
7 64750.33b 64726.26 64703.77 66237.06 66212.08 66190.29b

8 64745.87 64720.84 64694.96 66234.47 66206.30b 66181.35b

9 64752.11 64714.60 64684.97 66231.24 66199.89 66171.72
10 64747.30 64707.40 64672.84 66227.35 66192.81 66161.47
11 64742.66b 64698.87 64671.40 66222.81 66185.09 66150.55
12 64737.56 64688.26 64658.92 66217.60 66176.71 66138.99
13 64731.83 64693.70 64646.61 66211.73 66167.67 66126.77
14 64725.02 64682.70 64633.88 66205.18 66157.96 66113.91
15 64716.31 64671.99 64620.44w 66197.96 66147.59 66100.36
16 64717.69w 64661.11 64606.02w 66190.03b 66136.54 66086.16
17 64708.31 64649.80 66181.47b 66124.81 66071.28b

18 64699.22 64638.02 66172.23 66112.41 66055.77b

19 64625.66 66162.28 66099.33 66039.54w

20 64612.68w 66151.64w 66085.57 66022.67w

21 64599.05w 66071.07b

22 66055.94wb

23 66039.81w

Table 5.2 – Transition frequencies (in vacuum cm−1) in the e3Σ− − X1Σ+

(1,0) band of 12C16O obtained in the VUV-FT experiment.

J QRe(J) QQf (J) OPe(J)
(1,0)

8 64758.42 64755.88
9 64701.24
10 64685.42
11 64718.75b

12 64705.73
13 64674.65
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Table 5.3 – Transition frequencies (in vacuum cm−1) in the d3∆ − X1Σ+

(5,0) band of 12C16O obtained in the VUV-FT experiment. In the d3∆−X1Σ+

system only the F3 components are observed, corresponding to transitions to the
3∆1 spin-orbit component.

J Re(J) Qf (J) Pe(J)
(5,0) F3

0 66210.20w

2 66204.06
3 66211.29 66200.58
4 66209.16w 66195.89
5 66205.78w

6 66201.09w 66182.70 66166.90w

7 66174.17 66155.80w

8 66164.35w 66143.42w

9 66153.06w

10 66140.53w

Table 5.4 – Two-photon transition frequencies ν (in vacuum cm−1) in the CO
A1Π −X1Σ+ (0,0) and (1,0) bands and in transitions to perturbing states as
obtained from the Doppler-free laser measurements.

J Se(J) Rf (J) Qe(J) Pf (J) J Se(J) Rf (J) Qe(J) Pf (J)

A1Π −X1Σ+(0,0) A1Π −X1Σ+(1,0)
0 64754.347 0 66242.347
1 64760.049 64750.518 64744.138 1 66247.707 66238.503 66232.383
2 64752.398 64742.815 64736.450 2 66252.333 66240.017 66230.813 66224.694
3 64753.612 64740.825 3 66240.800 66228.481
4 64754.156 4 66240.876 66225.419
5 64754.017 5 66240.267
6 64753.176 6 66238.994
7 64751.591 7 66212.085
8 64749.190 9 66231.249
9 64745.822 13 66211.731
10 64741.128 17 66241.303
11 64734.360 19 66228.352
12 64743.640 d3∆ −X1Σ+(5,0)
13 64736.459 1 66211.750

e3Σ− −X1Σ+(1,0) 2 66212.117
10 64761.036 3 66224.547 66211.268
11 64751.832 4 66225.005

5 66224.151
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Figure 5.4 – (Color online) Two-photon excitation spectrum of close lying
R(1) and R(6) lines in the A1Π−X1Σ+ (1,0) band of 12C16O recorded simul-
taneously with an I2 saturated absorption spectrum for absolute reference [127]
and the transmission markers of a HeNe-stabilized etalon for relative calibra-
tion. The I2 hyperfine component indicated with an asterisk (*) was used for
absolute reference. The scale on top represents the frequency of the cw-seed
laser, the one at the bottom the two-photon excitation energy.

recorded convolved profiles. The accuracy of these transitions is 0.02 cm−1.
A few weak (denoted by w) and blended (b) lines have larger error of 0.04
cm−1. As will be discussed below, the transition frequencies of low-J lines in
the A1Π−X1Σ+ bands are accurate at the 0.01 cm−1 level.

The data obtained by the FTS methods are analysed for internal consistency.
Combination differences between P(J) and R(J−2) lines in the VUV-FT spec-
tra, probing a common excited state J ′ = J−1, were calculated and compared
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to the very accurate far-infrared data [162] yielding a standard deviation of
0.013 cm−1. Apart from some outlier points, associated with very weak or
blended lines, this analysis demonstrates that the relative accuracies of the
low-J values in the FT-spectra are 0.01 cm−1.

Two-photon laser data

In the two-photon Doppler-free excitation studies spectral lines in the CO
A1Π − X1Σ+ (0,0) and (1,0) bands were investigated. A typical example
of a spectrum, covering the R(1) and R(6) lines in the A1Π − X1Σ+ (0,0)
band, is shown in Fig. 5.4. Transition frequencies were obtained by producing
a linearized absolute scale for the two-photon energy from the simultaneously
recorded I2 and etalon spectra at the fundamental frequency provided by the
cw seed-laser, and then fitting the CO resonances on that scale, after multiply-
ing by four. Results (including AC-Stark correction) at an accuracy of 0.002
cm−1 are presented in Table 5.4. In the laser experiments some transitions to
e3Σ− and d3∆ perturbing states were also observed. It is noted that the fre-
quencies in the VUV-FT one-photon spectra and the two-photon laser spectra
are different, e.g. the R(1) line observed by both methods probes a different
Λ-doublet component in the excited 1Π state, and therefore exhibits a differ-
ent transition frequency. Further, in two-photon excitation the R(0) transition
is forbidden [182]. Ground state combination differences were also calculated
and compared to accurate far-infrared data, resulting in a standard deviation
of only 0.002 cm−1and thus proving consistency within the laser data set.

Level energies

Using the accurately known level energies in the ground state [162], both the
one-photon transition frequencies and the two-photon transition frequencies
are converted to level energies, listed in Table 5.5, in order to make a detailed
comparison of accuracies. The FTS data are benchmarked against the laser
data in Fig. 5.5. This demonstrates that there is an average offset between the
two data sets of 0.005 cm−1, which is attributed to an offset in the VUV-FT
data, well within the estimated uncertainty. The deviations have a (1-σ) spread
of 0.01 cm−1, showing that the VUV-FT data can be considered reliable within
this uncertainty limit.
In a comparison of the present A1Π v = 0 level energies from laser data with
that of Ref. [151], we obtain an average difference of 0.043 cm−1 with a stan-
dard deviation 0.017 cm−1. The latter value is consistent with the statistical
uncertainty claimed in Ref. [151]. The discrepancy could be attributed to the
accuracy of the absolute reference standard used in that study [183]. A similar
comparison of the A1Π v = 1 level energies of the present laser data with those
in Ref. [152] yield a difference of 0.022(8) cm−1. The comparison of the level
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Table 5.5 – Level energies (in vacuum cm−1) of A1Π and perturbing states calculated from the combined data sets
form the two experiments. Levels indicated with (*) are derived from the more accurate Doppler-free two-photon
laser excitation study. The other levels are derived from the VUV-FTS study. Where possible values are obtained
after averaging over transitions frequencies in different branches. e and f denote the electronic symmetry of the
state.

J ′ e f e f F1e F2f F3e F3f

A1Π, v = 0 A1Π, v = 1 e3Σ−, v = 1 d3∆, v = 5
1 64747.983 * 64747.985 * 66236.228 * 66236.229 * 66210.20
2 64754.349 * 64754.363 * 66242.348 * 66242.348 * 66215.595 *
3 64763.894 * 64763.933 * 66251.551 * 66251.552 * 66223.652 *
4 64776.60 64776.681 * 66263.868 * 66263.870 * 66234.36 66234.338 *
5 64792.46 64792.605 * 66279.32 66279.324 * 66247.617 *
6 64811.41 64811.687 * 66297.93 66297.937 * 66263.453 * 66263.44
7 64833.35 64833.911 * 66319.728 * 66319.730 * 66281.822 * 66281.81
8 64857.95 64859.233 * 66344.70 66344.69 64874.22 64894.27 66302.74
9 64884.26 64887.580 * 66372.87 66372.87 64896.82 66326.04
10 64925.08 64918.800 * 66404.21 66404.227 * 66351.93
11 64958.69 64952.532 * 66438.76 66438.76 64972.440 *
12 64996.32 64988.027 * 66476.47 66476.47 65005.499 *
13 65037.34 65043.406 * 66517.37 66517.36 65024.35
14 65081.53 65086.157 * 66561.42 66561.429 *
15 65128.48 65133.05 66608.64 66608.64
16 65177.37 65183.59 66659.01 66659.01
17 65240.16 65237.52 66712.53 66712.53
18 65296.03 65294.81 66769.20 66769.20
19 65356.01 65355.34 66829.024 * 66829.00
20 65419.06 66891.96 66891.95
21 65485.96 66958.030 * 66957.98
22 67027.17
23 67099.18
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Figure 5.5 – (Color online) Comparison of level energies as obtained from the
Doppler-free two-photon laser experiments (EPDA) and those from the VUV-
FT data (EFTS).

energies from Le Floch et al. [151, 152] is shown graphically in Fig. 5.6. The
average discrepancy with the Le Floch data is different for the v = 0 and v = 1
bands, precluding the possibility of applying a global correction to all previous
measurements of the other bands, e.g. those listed in Ref. [155]. In the following
section, we discuss a deperturbation analysis which also included the high−J
A1Π level energies from [151, 152], which were corrected for by taking into
account the average discrepancy in the comparison for each band.

The present laser spectroscopic data can be compared to the results of the laser
measurements performed by Drabbels et al. [156], probing the B1Σ+ − A1Π
(0,0) band. The results of a previous investigation from the same group [184]
of the B1Σ+ − X1Σ+ system are then used to derive the A1Π level energies.
A comparison of the transitions derived for the A1Π − X1Σ+ system from
Ref. [156, 184] and the present laser data set yields an average difference of
0.0035 cm−1 with a standard deviation of 0.013 cm−1. We note that excluding
the B1Σ+ −A1Π P(2) transition of Table 1 in Ref. [156] reduces the standard
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Figure 5.6 – (Color online) Comparison of level energies obtained in the
present laser study with those of Le Floch [151, 152] and Drabbels [156]. The
solid line indicates the average deviation for each band, the dashed (v = 0) and
dash-dotted (v = 1) lines indicate 1-σ.

deviation of the comparison to 0.0034 cm−1 and the average difference is -
0.0017 cm−1. The A1Π level energies listed in Table 2 of Ref. [156] are slightly
different than a derivation from the combination of the B1Σ+ −X1Σ+ (from
Ref. [184]) and B1Σ+ − A1Π (from Ref. [156]) spectroscopic investigations.
Using these listed A1Π level energies of Drabbels et al. [156], a comparison
with the present laser data yield an average difference of 0.007(4) cm−1 (the
datapoints are included in Fig. 5.6). Although we do not find exact agreement
with Drabbels et al. [156], nevertheless the overall shift in A1Π, v = 0 levels
with respect to those of Le Floch et al. [151] is confirmed.

5.4 Perturbation analysis
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Table 5.6 – Effective Hamiltonian and matrix elements for a perturbation analysis of the rotational level structure
of the A1Π state (i = 0, 1) and its perturbing states. For the A1Π diagonal element, the + and − signs refer to the
e- and f -symmetry states, respectively.

A1Π(v = i) D1∆(v = 0, 1, 2) I1Σ−(v = 1, 2, 3) e3Σ−(v = 1, 2, 3) a′3Σ+(v = 9, 10, 11) d3∆(v = 4, 5, 6)

A1Π Tv + (B ± q
2
)N̂2 ξi(Dv)× ξi(Iv)× ηi(ev)L̂ · Ŝ ηi(a

′
v)L̂ · Ŝ ηi(dv)L̂ · Ŝ

−DN̂4 +HN̂6 (N̂+L̂− + N̂−L̂+) (N̂+L̂− + N̂−L̂+)

D1∆ Tv +BN̂2 0 0 0 0

−DN̂4 +HN̂6

I1Σ− Tv +BN̂2 0 0 0

−DN̂4 +HN̂6

e3Σ− Tv +BN̂2 0 0

−DN̂4 +HN̂6

+ 2
3
λ(3Ŝ2

z -Ŝ2)

a′3Σ+ Tv +BN̂2 0

−DN̂4 +HN̂6

+ 2
3
λ(3Ŝ2

z -Ŝ2)

+γ(N̂ · Ŝ)

d3∆ Tv +BN̂2

−DN̂4 +HN̂6

+ 2
3
λ(3Ŝ2

z -Ŝ2)

+γ(N̂ · Ŝ)

+AL̂zŜz

+ 1
2
ADλ(N̂2L̂zŜz

+L̂zŜzN̂
2)
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5. CO A1Π−X1Σ+ (0,0) and (1,0) bands

Previous studies [150, 151, 155, 180, 185] have shown that the A1Π state of
CO is perturbed by D1∆, I1Σ−, e3Σ−, d3∆, and a′3Σ+ states. In the analysis,
we have adopted an effective Hamiltonian model with matrix elements given
in Table 5.6. For the A1Π state the subscript i refers to vibrational quantum
numbers v = 0 and 1, the e and f electronic symmetry components of the A1Π
state are treated separately, and the + and − signs pertaining to Lambda dou-
bling in the diagonal element refer to the e and f symmetry states, respectively.
While the D1∆ and d3∆ states have nearly degenerate e and f components,
the I1Σ− state exhibits only f components, two fine structure levels of the
e3Σ− state have e character and one has f , and for the a′3Σ+ state there are
two f and one e levels. The interactions between the A1Π state and the D1∆
and I1Σ− states are due to L-uncoupling and thus produce heterogeneous in-
teractions with J-dependent matrix elements, while interaction with the triplet
states is due to spin-orbit interaction represented by J-independent matrix el-
ements [150]. Note that the matrix is symmetric, the lower left non-diagonal
elements (not shown) are equivalent to those of the corresponding upper right
elements. An approximation is made by neglecting the mutual interactions be-
tween the perturbing states, therefore the corresponding matrix elements are
set to zero.
In the present study highly accurate level energies of A1Π, low-J levels are
determined (up to J = 21 for v = 0 and to J = 23 for v = 1, respectively),
while in previous investigations the rotational manifold could be followed to
much higher J-values. For A1Π, v = 0 values up to J = 75 were listed [151],
while for A1Π, v = 1 extensive measurements were performed, and a listing of
up to J = 70 is available in a Thesis study [152]. Representations in terms of
molecular constants are given in the open literature [155, 168, 169, 180].
In the perturbation analysis, a least-squares fitting procedure using the Pgo-
pher software [186] was applied to the experimental data. It turned out to be
necessary to include literature data from Le Floch and co-workers [151, 152]
to constrain fitting of the parameters pertaining particularly to the perturber
states that cross the A1Π rotational manifolds at high-J values. Also included
in the global fitting are level energies for the J = 22 − 75 states for the A1Π
v = 0 state from Ref. [151] and level energies from J = 24 − 70 states for the
A1Π v = 1 state from Ref. [152]. For the A1Π v = 0 state, the perturbing
states as in the previous work of Le Floch et al. [151] are comprised in the
fit, namely the D1∆ v = 0 and 1, the I1Σ− v = 1 and 2, the e3Σ− v = 1, 2
and 3, the d3∆ v = 4 and 5, and the a′3Σ+ v = 9 states. While for the A1Π
v = 1 state, we also include the perturbing states as indicated in Fig. 1 of
Ref. [185], which are the D1∆ v = 1 and 2, the I1Σ− v = 2 and 3, the e3Σ−

v = 3, the d3∆ v = 5 and 6, and the a′3Σ+ v = 10 and 11 states. We have
also included transitions from the ground state X1Σ+ to the perturber states
e3Σ− v = 1 and 2; d3∆ v = 4, 5, 6; a′3Σ+ v = 9 and 10; I1Σ− v = 1 and 3
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Figure 5.7 – (Color online) Fitting residuals from the current perturbation
model used. Data points from the FTS and the laser study state are represented
by circles in (a), data from literature are represented by open squares. The
residuals for transitions of the present laser study only are shown on a reduced
scale in (b).

obtained from Refs. [151, 152, 155, 168]. Each datapoint from the literature
was weighted according to the claimed accuracy. Relative weights of 1.0, 0.2,
0.04, 0.04, and 0.01 are assigned to the present laser spectroscopy data, the
present FTS data, the data from Le Floch [151, 152], the data from Morton
and Noreau [155], and the data from Herzberg et al. [168], respectively. The
parameters were initialized using the centrifugal distortion constants D and
H, as well as the overall Λ-doubling constant q values of Ref. [151] for A1Π
v = 0, and using the D constant for A1Π v = 1 from Ref. [150]. The Λ-doublet
splitting is highly influenced by the local perturbations as has been pointed
out in Ref. [151]. We note that the q-parameter could have been set to zero
while still retaining the capacity of the model to reproduce the experimental
values to a similar accuracy. Presumably this is because the parameters as-
sociated with the perturbation already encode the information of Λ-doubling
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Figure 5.8 – (Color online) Simulated spectrum (lower trace) with FTS spec-
trum (upper) for A1Π−X1Σ+ (0,0) band of CO.

itself. (We note that some hint of a systematic trend in the fitting residues
could be observed at high-J levels, however, these are within the measurement
uncertainty.) Nevertheless, we retained the q-parameter in the model where
the initial parameter values were set to the value in Ref. [151].
The residuals of the combined fit, including literature data and all possible
perturbing states, are plotted in Fig. 5.7. The contribution to the rms residual
value of laser spectroscopy data is 0.002 cm−1 and the contribution of FTS data
is 0.014 cm−1. The rms residual value of the combined data set including the
less accurate literature data yields 0.09 cm−1, demonstrating that the fitting
model satisfactorily reproduces the comprehensive experimental data set. In
total, some 787 transitions were used in the global fitting procedure, of which
141 transitions are from the present spectroscopic measurements. Inspection
of the correlation matrix indicates a satisfactorily low correlation between the
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Figure 5.9 – (Color online) Simulated spectrum (lower trace) with FTS spec-
trum (upper) for A1Π−X1Σ+ (1,0) band of CO.

39 fitted model parameters. We note that judiciously fixing parameters which
pertain to molecular constants of perturber states with minimal effect further
reduces the correlations between the fitted parameters.
The final set of fitted parameters are summarized in Table 5.7. For the A1Π
v = 0 state, the perturbers with significant effect include the e3Σ− v = 1, 2 and
3, d3∆ v = 4 and 5, I1Σ− v = 1 and 2, D1∆ v = 0 and 1 and a′3Σ+ v = 9 states.
For the A1Π v = 1 state the perturbers are the D1∆ v = 1, the e3Σ− v = 3,
the d3∆ v = 5 and 6, I1Σ− v = 2 and 3, and the a′3Σ+ v = 10 and 11 states.
We note that the molecular constants with an uncertainty indicated within
parenthesis () are fitted parameters. The other constants without indicated
uncertainty value are taken from literature and fixed during the fitting. It was
necessary to fix these parameters to reduce the correlation between parameters.
The improvements in the present study mostly affect the molecular constants
Tv and B for the A1Π v = 0 and 1 and e3Σ− v = 1 states, and for the Tv, B

77



5. CO A1Π−X1Σ+ (0,0) and (1,0) bands

and A constants for the d3∆ v = 5 state, owing to the more accurate dataset
for the low-J transitions in the present study. We note that our molecular
constants, e.g. Tv and B, are defined differently in Field [150] and Le Floch
et al. [151] as listed in Table 4.2 of Ref. [187]. The definition that we adopt
in the present study is convenient in terms of extracting parameters directly
from the fit of the experimental data. In this study the level energy is ex-
pressed as a polynomial series in x = J(J + 1), and thus combine effects from
molecular parameters of other interacting states. Although an explicit relation
between the different definitions can be derived from the effective elements of
the Hamiltonian in Ref. [187], not all values of isolated molecular parameters
were available, and thus a direct comparison was not possible. In addition, the
spin-orbit interaction parameters (ηi) in our definition are larger by a factor√

3 than in Ref. [150, 151]. We note that when the values of parameters are
taken from literature (both for fixed parameters and for initialization of fitted
parameters), we have carried out the appropriate conversion by taking into
account the definitions of Ref. [187]. The improved constants for e3Σ− and
d3∆ in the present analysis stem from the few transitions recorded at much
improved absolute accuracy in the present measurements. For the perturber
states that affect the low-J rotational states the A1Π v = 0 and 1 levels, ac-
curate interaction parameters are obtained from the present deperturbation
analysis. The current set of molecular constants gives an accurate description
of the structure of A1Π − X1Σ+ (0,0) and (1,0) bands, that improves upon
previous analyses. The values of matrix elements for other perturbations oc-
curring at higher J-values are determined but should be treated with some
caution. Their purpose is to describe the structure of A1Π, v = 0 and v = 1 at
the highest level of accuracy; they do not represent physical information at the
highest accuracy levels on the perturbation crossings at higher J-values, which
were not observed in the present spectroscopic study.
Simulated spectra using the parameters in Table 5.7 are shown with the FTS
spectra in Fig. 5.8 for the A1Π − X1Σ+ (0,0) band and in Fig. 5.9 for the
A1Π−X1Σ+ (1,0) band. The positions of the observed transitions belonging
to the perturbing e3Σ− v = 1 level and d3∆ v = 5 level are also indicated in
the figures. It should be noted that in addition to A1Π−X1Σ+ transitions, the
d3∆−X1Σ+ v = 5 transitions have been recently observed in quasar absorption
spectra [147].
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5.4. Perturbation analysis

Table 5.7 – Compilation of the molecular constants for the A1Π v = 0 and
v = 1 states of 12C16O and all perturbing states following from the present
analysis. In cases where an uncertainty is specified in () brackets the value was
determined from the fit; in cases where this is not specified a value was taken
from literature. All values in vacuum cm−1.

Singlet states A1Π(v = 0) A1Π(v = 1)

Tv 64746.762 (4) 66228.801 (3)
B 1.604069 (8) 1.58126 (1)
q (×105) 3.1 (6) -2.6 (5)
D (×106) 7.348 (8) 7.41 (1)
H (×1012) -9 (2) -22 (2)

Triplet states e3Σ−(v = 1) e3Σ−(v = 2) e3Σ−(v = 3)

Tv 64801.136 (4) 65877.55a 66934.08a

B 1.25708 (3) 1.23909 (2) 1.22273a

λ 0.517a 0.568a 0.778a

D (×106) 6.77a 6.75a 6.72a

H (×1012) -2a -2a -2a

η0 15.104 (2) -17.47 (9) 21.6 (5)
η1 3.0 (2)

Triplet states d3∆(v = 4) d3∆(v = 5) d3∆(v = 6)

Tv 65102.12 (1) 66173.07 (1) 67225.80b

B 1.23327 (1) 1.21628 (4) 1.19941 (3)
A -16.465 (6) -16.674 (6) -16.909b

λ 0.993a 1.2a 1.2b

γ (×103) -8.54a -8a -8b

D (×106) 6.47a 6.47a 6.44b

H (×1012) -0.8a -0.8a -0.8c

AD (×104) -1a -1a -1c

η0 -21.69 (2) 17.8 (2)
η1 -16.916 (5) 18.6 (1)

Triplet states a′3Σ+(v = 9) a′3Σ+(v = 10) a′3Σ+(v = 11)

Tv 65492.66a 66520.44b 67529.59b

B 1.181342a 1.16640 (9) 1.14921b

λ -1.153a -1.146b -1.153b

γ (×103) 0.72a -0.72b 4.47b

continued on next page
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5. CO A1Π−X1Σ+ (0,0) and (1,0) bands

Triplet states a′3Σ+(v = 9) a′3Σ+(v = 10) a′3Σ+(v = 11)

D (×106) 6.27a 6.26b 6.26b

H (×1012) -0.4a -0.4d -0.4d

η0 2.421a

η1 4.9 (1) 3.6 (3)

Singlet states D1∆(v = 0) D1∆(v = 1)

Tv 65421.95a 66464.59a

B 1.251a 1.233a

D (×106) 7a 7a

H (×1012) -0.3a -0.3a

ξ0 0.030a 0.040a

ξ1 0.073 (4)

Singlet states I1Σ−(v = 1) I1Σ−(v = 2) I1Σ−(v = 3)

Tv 65617.26a 66667.13a 67696.60e

B 1.24332 (4) 1.2254 (1) 1.20759 (4)
D (×106) 6.87a 6.89a 6.89f

H (×1012) 3a 3a 3f

ξ0 -0.076 (1) 0.085 (3)
ξ1 0.079 (2) 0.043 (2)

a Data from Ref. [151] and converted, see text.
b Data from Ref. [187] and converted, see text.
c Constant fixed to that of d3∆, v = 5 as first-order approximation.
d Constant fixed to that of a′3Σ+, v = 9 as first-order approximation.
e Data from Ref. [169].
f Constant fixed to that of I1Σ−, v = 2 as first-order approximation.

5.5 Conclusion

We have obtained high resolution spectra of the two lowest-v′ (0,0) and (1,0)
bands of the A1Π−X1Σ+ system of 12C16O, using two different advanced spec-
troscopic methods achieving high accuracy on absolute transition frequencies.
The combined data were used to perform an improved analysis of the pertur-
bations by a large number of states, in particular of the e3Σ− − X1Σ+ (1,0)
and d3∆−X1Σ+ (5,0) bands, crossing at low values of J . The present analysis
is of importance to astronomical observations, where CO is often observed in
cold environments with population of J < 20 quantum states.
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CHAPTER 6
High-precision laser spectroscopy of the

CO A1Π−X1Σ+(2,0), (3,0) and (4,0)

bands

Published as J. Chem. Phys. 142, 044302, 2015

High-precision two-photon Doppler-free frequency measurements have been per-
formed on the CO A1Π−X1Σ+ fourth-positive system (2,0), (3,0), and (4,0)
bands. Absolute frequencies of forty-three transitions, for rotational quantum
numbers up to J = 5, have been determined at an accuracy of 1.6×10−3 cm−1,
using advanced techniques of two-color 2+1’ resonance-enhanced multi-photon
ionization, Sagnac interferometry, frequency-chirp analysis on the laser pulses,
and correction for AC-Stark shifts. The accurate transition frequencies of the
CO A1Π − X1Σ+ system are of relevance for comparison with astronomical
data in the search for possible drifts of fundamental constants in the early uni-
verse. The present accuracies in laboratory wavelengths of ∆λ/λ = 2 × 10−8

may be considered exact for the purpose of such comparisons.
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6. Laser Spectroscopy of CO A-X (2,0), (3,0) and (4,0) bands

6.1 Introduction

The carbon monoxide molecule is one of the most thoroughly studied molecules
in spectroscopy, from the microwave and infrared to the optical and vacuum
ultraviolet parts of the electromagnetic spectrum. This second most abundant
molecule in the Universe plays an important role in the chemical dynamics of
the interstellar medium, as well as in Earth-based combustion, atmospheric,
and plasma science. The A1Π − X1Σ+ system of CO, known as the fourth
positive system, connects the electronic ground state of the molecule to its first
excited state of singlet character, and it signifies the onset of strong dipole-
allowed absorption features in the vacuum ultraviolet range. The spectroscopy
of the A1Π−X1Σ+ bands has, since the first pioneering study by Deslandres in
1888 [171], been investigated by many authors (notably [166, 174]) culminating
in a detailed analysis of the A1Π state and the many perturbing states by
Field et al. [29].
The present precision-frequency investigation of the (2,0), (3,0) and (4,0) bands
of the A1Π−X1Σ+ system, by two-photon Doppler-free laser spectroscopy, is
part of a program to apply the vacuum ultraviolet absorption lines of CO in
a search for a variation of the proton-electron mass ratio at high redshift [7].
For this purpose the low-J transitions in the CO absorption bands should be
calibrated at an accuracy better than ∆λ/λ < 10−7, and the perturbations
with other electronic states should be analyzed as accurately as possible, to
obtain reliable line intensities. Highly accurate transition frequencies of lines
in A1Π −X1Σ+ (0,0) and (1,0) bands were reported [7], as well as a detailed
analysis of perturbations in the A1Π, v = 0 and v = 1 levels [188]. Previously,
the A1Π − X1Σ+(2,0), (3,0) and (4,0) bands have been investigated, at an
accuracy of 0.06 cm−1, by Lefloch, although the results were only partially
published [152] in semi-open literature. In their compilation of CO-data for
use in astronomy Morton and Noreau [155] have included these data of Le
Floch. Here the laser-based methods of Ref. [7], providing improved accuracy,
are extended to the (2,0), (3,0) and (4,0) bands.

6.2 Experiment

In this study, a narrowband pulsed-dye-amplifier (PDA) laser system is used
in a two-photon Doppler-free excitation scheme for a high-resolution spectro-
scopic investigation of the CO A1Π−X1Σ+ (2,0), (3,0) and (4,0) bands. The
measurement setup is schematically shown in Fig. 6.1. The PDA-laser system
employed has been described previously [86] as well as its application to high-
resolution studies in CO [7, 163]. The narrowband PDA system is built as a
three-stage traveling-wave amplifier, seeded by a Coherent-899 continuous wave
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Figure 6.1 – (Color online) A schematic layout of the experimental setup,
with the laser system, the frequency calibration setup and the molecular beam
apparatus with the counter-propagating laser beams in a Sagnac configuration
for Doppler-free two-photon spectroscopy. B.S.: beam splitter; Sk.: skimmer;
MCP: microchannel plate; PMT: photomultiplier tube; TOF: time of fight. See
text for further details.

(cw) ring dye laser, and pumped by a pulsed Nd:YAG laser; it delivers nearly
Fourier-Transform limited laser pulses of 5 ns duration. The repetition rate of
the pulsed laser is 10 Hz. For the present investigation, the cw ring-dye laser
was routinely operated in the range 560-590 nm, while running on Rhodamine-
6G, but in the PDA system two different dyes were used to cover the three
different bands: Rhodamine-B (580− 590 nm) for the A1Π−X1Σ+ (2,0) and
(3,0) bands, and Rhodamine-6G (560 − 580 nm) covering the A1Π − X1Σ+

(4,0) band.

The output of the PDA laser passes through a KDP (Potassium Dihydrogen
Phosphate) crystal for frequency doubling. Thereupon the laser beam is split
in two on a beamsplitter and aligned in the geometry of a Sagnac interfer-
ometer to produce exactly counter-propagating beams for avoiding residual
Doppler-shifts [83]. To systematically assess AC-Stark effects, different focus-
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ing conditions are employed. An auxiliary laser beam at 220 nm is imple-
mented for ionization of the A1Π excited state population. By this means the
2+1’ resonance-enhanced multi-photon ionization (REMPI) scheme efficiently
produces signal. In order to reduce AC-Stark effects by the ionization laser, its
pulse timing is delayed by 10 ns with respect to the narrowband spectroscopy
laser.
The CO molecular beam is produced by a pulsed solenoid valve (General Valve,
Series 9) in a source chamber, before entering an interaction chamber via a
skimmer (1.5 mm diameter). The collimated CO molecular beam is interro-
gated by the laser beams under collision-free conditions. CO ions produced in
the 2+1’ REMPI process are accelerated via pulsed extraction voltages applied
after the laser pulses, to avoid DC-Stark effects. The ions are subsequently
mass selected in a time-of-flight tube before detection on a multichannel plate
(MCP).
For calibrating the frequency of the transitions on an absolute scale, saturated
I2 absorption spectroscopy is used, resolving hyperfine components, which are
known to 1 MHz accuracy [189]. For frequency interpolation between CO and
I2 resonances the transmission peaks of an etalon length stabilized to a He-Ne
laser (with FSR = 150.01±0.01 MHz), were recorded simultaneously.
An important improvement over the previous laser-based study investigating
the A1Π −X1Σ+ (0,0) and (1,0) bands [7], is that a frequency chirp-analysis
setup has been implemented, following methods presented in Refs. [85, 86],
thus achieving higher precision. In the present setup an acousto-optic modu-
lator (AOM - Gooch & Housego) shifts the frequency of the cw laser by 595
MHz. The beatnote of this shifted cw laser frequency and the pulsed output
of the PDA is detected by a fast photodiode, after the wave fronts are spa-
tially overlapped by propagating through a single-mode fiber. The beat-note
signal is then detected on a fast oscilloscope (Tektronix TDS7404) with 1 GHz
analog bandwidth and 4 Gs/s sampling. The instantaneous frequency over the
duration of the pulse is then determined as well as the frequency chirp over the
pulse duration. The resulting frequency determinations of the CO resonances
are finally corrected for this chirp effect.

6.3 Results and Discussion

In the present study two-photon resonances in the A1Π − X1Σ+ (2,0), (3,0)
and (4,0) bands of CO are measured by two-photon laser spectroscopy. As
an example, Fig. 6.2 shows a typical recording of the S(0) line in the A1Π −
X1Σ+ (4,0) band, plotted with simultaneous recordings of etalon markers, the
saturated iodine spectrum for absolute calibration, and results of the on-line
chirp analyses for each of the data points. The full width at half maximum
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Figure 6.2 – (Color online) Typical recording of the S(0) transition in the CO
A1Π−X1Σ+(4,0) band, as measured via two-photon laser excitation, plotted as
the (black) solid line. The (blue) dashed line and the (blue) full line represent
etalon markers and the saturated iodine spectrum used for interpolation and
calibration. The (*) indicates the a4 (7,7) hyperfine component of the B-X
(25,3) R(69) iodine line, which was used for the calibration. The (red) circles
represent the on-line measured values for the chirp-induced frequency offset at
the transition frequency.

(FWHM) of the CO transitions are around 200 MHz, limited by the bandwidth
of the PDA laser.

Values for the transition frequencies were obtained from the calibration proce-
dure, with corrections for the chirp and AC-Stark analysis, and multiplying by
a factor of four for frequency-doubling and two-photon excitation. Resulting
two-photon transition frequencies are listed in Table 6.1. In total, 43 lines in
the A1Π − X1Σ+ (2,0), (3,0) and (4,0) bands have been measured with an
absolute accuracy of 0.0016 cm−1, corresponding to 50 MHz, or a relative ac-
curacy of ∆λ/λ = 2× 10−8. In view of the fact that excitation takes place in a
molecular beam, only transitions originating in low rotational quantum states
(J < 6) could be observed. Lines are denoted with the usual O(J) to S(J)
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Table 6.1 – Two-photon transition frequencies in the CO A1Π - X1Σ+ (2,0),
(3,0) and (4,0) bands as obtained in the present study. Values in cm−1.

Line (2,0) (3,0) (4,0)

S(0) 67 685.126 69 097.776 70 475.924
S(1) 67 690.629 69 103.134 70 481.077
S(2) 67 695.397 69 107.716 70 485.399
S(3) 67 699.437 69 111.519
S(4) 67 702.744 69 114.546
R(1) 67 681.278 69 093.930 70 472.126
R(2) 67 682.932 69 095.443 70 473.460
R(3) 67 683.852 69 096.179 70 473.954
R(4) 67 684.038 69 096.137
R(5) 69 095.318
Q(1) 67 675.051 69 087.795 70 466.088
Q(2) 67 673.592 69 086.240 70 464.388
Q(3) 67 671.404 69 083.910 70 461.854
P(2) 67 667.360 69 080.104 70 458.417
P(3) 69 074.706 70 452.902
P(4) 69 068.531
O(3) 67 655.826 69 068.571 70 446.863

branches for transitions with ∆J = −2 to +2. It is noted that the two-photon
R(0) transition is forbidden [182].
The contributions to the overall uncertainty in the measurement accuracy are
determined by statistical effects, AC-stark shifts, residual Doppler shift, and
a chirped-induced frequency offset. In the following the two major sources of
uncertainty will be discussed one by one. The contribution by the Doppler
shift and the etalon non-linearity have been discussed previously [7].

AC-Stark effect

AC-Stark frequency shifts can be induced by the power density of the probe
laser radiation. In order to reduce a possible AC-Stark shift, a separate ion-
ization laser was used, which was delayed by 10 ns to avoid time overlap with
the spectroscopy step. The shift induced by the spectroscopy laser can be ana-
lyzed and corrected for by performing an extrapolation to zero power density.
Figure 6.3 shows the AC-Stark power extrapolation for the two-photon S(0)
lines in the A1Π−X1Σ+ (3,0) and (4,0) bands of CO.
From a detailed analysis it follows that the two-photon lines in the (2,0), (3,0)
and (4,0) bands exhibit different slopes in the AC-stark plots. For lines in
the (2,0) and (4,0) bands, the AC-Stark shift appears to be smaller than the
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circles refer to transition S(0) in the (4,0) band, and the (black) squares to
transition S(0) in the (3,0) band. The solid lines represent linear fits for ex-
trapolation to zero intensity.

statistical error, as shown in the example of Fig. 6.3. However, for the lines in
the (3,0) band the AC-Stark effect is found to be much larger as exemplified
for the S(0) transition. Such differences in slopes were also observed in the
case of (0,0) and (1,0) bands [188]. All the measured transitions in the (3,0)
band were independently extrapolated to zero power, and corrected for the
AC-Stark shift. The AC-Stark effects are a measure for the polarizability of
the quantum states involved, and the differences between bands indicate that
the A1Π, v = 3 levels have a strong polarizability. Further analysis of this
phenomenon is beyond the scope of the present paper.

Frequency chirp in the PDA

In the frequency calibration procedure, the absolute frequency of the cw dye
laser is determined from the saturated I2 absorption spectra providing reference
points known to 1 MHz accuracy [189]. Since the CO spectra were recorded
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Figure 6.4 – (Color online) Deduced offset between cw and PDA laser fre-
quency as a result of chirp over a 300 s time interval with PDA laser parked on
the Q(2) line in the CO A1Π−X1Σ+ (4,0) band. The (red) solid line indicates
the averaged offset value of 37 MHz at the two-photon transition. The (red)
dashed lines indicate the (±σ) standard deviation.

with the UV-upconverted pulsed output of the PDA this requires an assessment
of the frequency offset between the pulsed output of the pulsed dye amplifier
(PDA) and the cw laser seeding the PDA, which is referred to as chirp. The
physical mechanisms of frequency chirp in dye amplifiers, associated with time-
dependent index of refraction and time-dependent gain phenomena, have been
well documented [85, 190].

The cw-pulse offset frequency is measured by heterodyning the amplified pulsed
output of the PDA system with part of the cw-seed that is shifted by 595 MHz
using an AOM, as shown in Fig. 6.1. The resulting beat signal measured on a
fast photo-detector is recorded with a 4 Gs/s sampling oscilloscope for further
analysis. All laser beams are combined and propagated through single-mode
optical fibers in order to overlap wave fronts and stabilize the alignment of
the chirp measurement. We follow procedures of chirp signal analysis involving
frequency filtering and Fourier-transformation as described in Refs. [26, 85, 86].
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Table 6.2 – Estimated contributions to the uncertainty in the two-photon
transition frequencies for the A1Π−X1Σ+ bands of CO.

Source MHz cm−1

PDA chirp 30 0.001
AC-Stark shift 20 0.000 7
Line-fitting 2 0.000 07
I2 calibration 2 0.000 07
Etalon nonlinearity 2 0.000 07
DC-Stark shift < 1 0.000 03
Residual Doppler < 1 0.000 03
Statistical 30 0.001
Total 47 0.001 6

Figure 6.4 shows a chirp-offset measurement recorded at the frequency of the
Q(2) line in the CO A1Π − X1Σ+ (4,0) band. The chirp-induced shift is
measured over a duration of 300 s at 1 point/s with 10 times average. The
average value of the offset is 37 MHz at the two-photon transition frequency,
with a standard deviation of 10 MHz. The oscillatory structure in Fig. 6.4
is found to be due to a changing polarization during transmission of the cw
laser in the fiber. The reduction in beat intensity then leads to an inaccurate
determination of the frequency. Such averaged cw-PDA offset was measured
during recordings of the different transitions in CO A1Π −X1Σ+ (4,0) band,
results of which are shown in Fig. 6.5. These measurements demonstrate that
the chirp-induced offset values do not change over the small frequency ranges
of CO resonance lines in a single band, so that averaged values are used for
correcting the final transition frequencies.
The frequency chirp is known to vary over the spatial wave front of the laser
beam [26]. This phenomenon was also systematically investigated and a max-
imum variation in the chirp-offset of 24 MHz was found, which is included as
a statistical uncertainty for the chirp-offset in the error budget.

Uncertainty estimates and consistency

The error budget for the CO transition frequencies is summarized in Table 6.2.
The systematic corrections, associated with chirp and AC-Stark effect are ap-
plied to each transition. All transitions are recorded more than once, and on
different days to confirm reproducibility of the results. The entry for the sta-
tistical uncertainty (1σ standard deviation) is derived from a weighted average
over individual scans, and including the fitting uncertainty. The overall uncer-

91



6. Laser Spectroscopy of CO A-X (2,0), (3,0) and (4,0) bands

-2.0

-1.5

-1.0

-0.5

C
h

ir
p

 (
1

0
-3

 c
m

-1
)

70480704707046070450

Wavenumber (cm
-1

)

Figure 6.5 – (Color online) The chirp shift for different transitions in the
A1Π − X1Σ+(4,0) band of CO. The (black) solid line is the averaged chirp
shift in the frequency range of the A1Π−X1Σ+ (4,0) band. The dashed lines
represent the (±σ) standard deviation for the offsets.

tainty in the absolute frequencies for the present data set of Table 6.1 results
from taking individual errors in quadrature yielding 0.0016 cm−1.

The consistency of the error budget can be tested by calculating ground state
combination differences from the experimental data. Combination differences
between S(J) and Q(J +2), R(J) and P(J +2), and Q(J) and O(J +2) can be
calculated and compared to the very accurately known ground state splittings
from micro-wave and far-infrared rotational spectroscopy on the ground state
of CO [162], yielding the difference ∆EV. Such a comparison is graphically
presented in Fig. 6.6, where the transitions used in the comparison are labeled.
The comparison yields very good agreement within a standard deviation of only
0.0008 cm−1. This is even smaller than the estimated measurement uncertainty
and hence proves the internal consistency of the calibrations performed on the
individual lines in the data set.
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Figure 6.6 – (Color online) The combination differences in CO A1Π−X1Σ+
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ground state splitting by Varberg and Evenson [162], represented as ∆EV. The
solid line is the averaged value ∆EV over all measured combination differences.
The dashed lines indicate the (±σ) standard deviation for the comparison.

6.4 Conclusion

High-precision frequency measurements of 43 rotational lines in CO A1Π −
X1Σ+ (2,0), (3,0) and (4,0) bands (for J < 6) have been performed in the col-
lisionless environment of a molecular beam with an absolute accuracy of better
than 2 × 10−3 cm−1, or a relative accuracy of 2 × 10−8. The accuracy is an
improvement over a previous analysis of the (0,0) and (1,0) bands, accurate to
3× 10−8 [7, 188], made possible by the chirp detection treatment. The uncer-
tainty is mainly determined by statistics, and by remaining effects of chirp on
the laser pulses as well as an AC-Stark induced shift. The accuracy obtained
in this study represents a 10-fold improvement over our previous study [7].
After converting the accurate information on the level energies to one-photon
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vacuum ultraviolet transition frequencies these values can serve as calibration
reference lines for synchrotron spectra [126], as well as implemented in compar-
isons with astrophysical spectra of high-redshift objects to derive a constraint
on a possible variation of the proton-electron mass ratio on a cosmological time
scale [7].
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CHAPTER 7
Spectroscopy and perturbation analysis

of the CO A1Π−X1Σ+ (2,0), (3,0) and

(4,0) bands

Accepted by Mol. Phys. 2015

The (2,0) (3,0) and (4,0) bands of the A1Π−X1Σ+ system of 12C16O have been
re-investigated by high-resolution vacuum ultraviolet absorption spectroscopy.
A VUV Fourier-transform spectrometer, illuminated by synchrotron radiation,
was applied to record a jet-cooled spectrum, a room temperature static gas spec-
trum and a high temperature (900 K) quasi-static gas spectrum, resulting in
absolute accuracies of 0.01−0.02 cm−1 for the rotational line frequencies. Pre-
cise laser-based data were included in the analysis allowing for a highly accurate
determination of band origins. Rotational levels up to J = 52 were observed.
The data were used to perform an improved analysis of the perturbations in the
A1Π, v = 2, v = 3, and v = 4 levels by vibrational levels of the D1∆, I1Σ−,
e3Σ−, d3∆, and a′3Σ+ states.
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7. Perturbation analysis of CO A-X (2,0), (3,0) and (4,0) bands

7.1 Introduction

The spectroscopy of the carbon monoxide molecule remains of central interest
to a variety of subfields in science. In particular the A1Π − X1Σ+ system,
investigated by a number of authors over decades [150, 166, 172, 173, 174, 175,
187], is often used as a probe for detecting CO. New and recent examples of
its application are the proposal to search for a varying proton-electron mass
ratio on cosmological time scales [7], and to probe the local cosmic microwave
background temperature as a function of redshift [148]. For these applications
the analysis of the A1Π−X1Σ+ system is warranted at the highest accuracy.
At the same time the A1Π state of CO is known as a celebrated example of
perturbations, which makes its study interesting from a pure molecular physics
perspective. A first comprehensive perturbation analysis was performed by
Field et al. [150, 187].
After having performed an improved perturbation analysis for the A1Π−X1Σ+

(0, 0) and (1, 0) bands [188] we here extend the updated perturbation analysis
to the A1Π−X1Σ+ (2, 0), (3, 0) and (4, 0) bands by using the high resolution
vacuum ultraviolet (VUV) Fourier-transform (FT) spectroscopy setup at the
DESIRS beamline at the Soleil synchrotron. For the purpose of achieving an
absolute wavelength calibration of the rotational lines, a subset of lines was
first probed with laser-based Doppler-free two-photon spectroscopy [126]. For
the present study the VUV-FT instrument was used in three different modes
of operation: gas-jet spectroscopy, room-temperature static gas absorption,
and absorption at 900 K, for which a special setup was designed [191]. The
combination of these measurements allows for a highly accurate analysis of
the spectrum of the three bands, probing rotational states as high as J = 52,
providing information on perturbing states interacting at the high rotational
quantum numbers. The aim of using these different configurations will be
discussed in the next section.

7.2 Experimental Details

The vacuum ultraviolet (VUV) Fourier-transform (FT) spectrometer at the
DESIRS beamline of the SOLEIL synchrotron is a unique tool for recording
high-resolution absorption spectra in the range 4 − 30 eV [158, 181]. For the
present investigation, the instrument was used in three configurations, each
being a compromise between obtaining narrow linewidths and high wavelength
accuracy, or probing as many rotational levels as possible. The free-jet config-
uration is used to record the narrowest transitions. First, in the jet-expansion,
the perpendicular directionality of the molecular beam gives rise to a much
reduced Doppler width, yielding an observed width of 0.09 cm−1 in combi-
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Figure 7.1 – (Color online) Overview spectra of the CO A1Π − X1Σ+ sys-
tem including (2, 0), (3, 0) and (4, 0) bands recorded with the vacuum ultraviolet
Fourier-transform spectrometer at the SOLEIL synchrotron under three differ-
ent experimental conditions; (a) free molecular jet expansion; (b) room tem-
perature quasi-static gas cell; (c) a free-flowing gas cell heated to 900 K. The
asterisk (*) indicates the Xe atomic resonance line used in for calibration of
the FTS instrument.

nation with the instrument settings of the FT-spectrometer. Under the jet
conditions the rotational temperature is reduced to 12 K and only rotational
levels J = 0− 5 are probed at this high resolution.
Second, FT-spectra are recorded under quasi-static room-temperature condi-
tions with the use of a windowless cell. In this configuration the linewidth
obtained is 0.16 cm−1 [188], while rotational lines up to J ∼ 20 are observed.
In a third configuration, a windowless gas cell was heated up to 900 K, in order
to record the highest rotational quantum states. The linewidth under these
conditions, at full width of half maximum (FWHM), was 0.39 cm−1 [191]. The
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Figure 7.2 – (Color online) A zoom-in spectrum recorded with a windowless gas cell heated to 900 K showing
absorption lines in the A1Π−X1Σ+ (2,0) band as well as perturber lines belonging to the e3Σ− (4, 0) band.
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7.3. Results

latter spectra were recorded at relatively high column densities, which is around
a factor of 100 higher compared to the sample used with the unheated cell. It is
used to probe rotational states with the highest J quantum number, in which
case the low-J transitions are saturated. In all the FT-experiments, CO gas
was used at a purity of 99.997% from Air Liquide, presumably composed of
the regular terrestrial 12C/13C and 16O/17O/18O isotopic abundances.
Figure 7.1 shows characteristic overview VUV-FT spectra recorded under the
three measurement conditions, covering the range of the A1Π − X1Σ+(v′, 0)
bands for v′ = 0 to v′ = 6. The high temperature spectrum also shows hot
bands, i.e. A1Π − X1Σ+ (v′ = 1 − 7, 1), originating from the X1Σ+, v” = 1
state. The (2, 1), (3, 1), and (4, 1) hot bands are expected to be weak due to
small Franck-Condon factors [192]. A zoom-in part of the high temperature
spectrum is presented in Fig. 7.2, showing transitions in the A1Π−X1Σ+ (2,0)
band and some perturber lines belonging to the e3Σ−−X1Σ+ (4, 0) band. The
unlabeled weak lines belong to excitation of other perturber states, mentioned
below.
In order to obtain the most accurate transition frequencies, different settings
on the FT-instrument are used in combination with the various measurement
configurations. The free-jet and room temperature spectra are both recorded
by taking 1978 kilo-samples of data over the 0 to 40 mm optical path difference
within the interferometer, yielding an instrumental resolution of 0.075 cm−1,
corresponding to the ultimate resolving power of the instrument. For the hot
cell spectra, because of the increased Doppler broadening of about 0.28 cm−1,
constraints on the instrumental resolution are relaxed to 0.27 cm−1 by taking
1024 kilo-samples of interferometric data to save recording time, which permits
more averaging, thus increasing the signal-to-noise ratio. The absolute calibra-
tion for all the FT spectra is obtained from on-line recording of a xenon line
at 68 045.156 (3) cm−1 [159].

7.3 Results

Collectively, more than 450 absorption lines are observed in the region from
66 400 to 70 500 cm−1, including rotational levels up to J = 52 for the main
A1Π − X1Σ+ bands, as well as a large number of transitions belonging to
perturber states. In Table 7.1, transition frequencies in the CO A1Π−X1Σ+

(2, 0), (3, 0) and (4, 0) bands are listed. The absorption lines associated with
excitation of the perturber states are presented in Table 7.2. In these tables,
the subscripts e and f denote the electronic symmetry of the upper state.
The superscripts Q, S, R, O and P in Table 7.2, indicate the change in total
angular momentum excluding spin for transitions to perturber states [155]. The
uncertainties of transition frequencies are 0.02 cm−1 for most of the transitions,
except the weak or blended ones. To verify the accuracy of the FT data, we
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Table 7.1 – Transition frequencies (in vacuum cm−1) in the 12C16O A1Π - X1Σ+ (2, 0), (3, 0), and (4, 0) bands
obtained in the present VUV-FT experiment and absolutely calibrated with respect to the laser data [126]. J ′′ is
the rotational quantum number in the ground state. The subscripts e and f indicate the electronic symmetry of the
upper state. The superscripts b and w indicate blended and weak transitions, respectively.

(2,0) (3,0) (4,0)

J ′′ Re(J ′′) Qf (J ′′) Pe(J ′′) Re(J ′′) Qf (J ′′) Pe(J ′′) Re(J ′′) Qf (J ′′) Pe(J ′′)

0 67678.89 69091.63 70469.93
1 67681.28 67675.05 69093.91 69087.79 70472.08 70466.11
2 67682.94 67673.59 67667.35 69095.43 69086.24 69080.10 70473.41 70464.44 70458.45

3 67683.86 67671.40 67662.06 69096.18b 69083.91 69074.71 70473.86 70461.93 70452.85

4 67684.06 67668.48 67656.02 69096.13b 69080.80 69068.53 70473.50b 70458.57 70446.47

5 67683.51 67664.83b 67649.25 69095.32b 69076.91 69061.58 70472.35 70454.36b 70439.26
6 67682.25 67660.41 67641.77 69093.72 69072.25 69053.85 70470.37 70449.38 70431.23
7 67680.25 67655.09 67633.55 69091.35 69066.81 69045.35 70467.58 70443.55 70422.38

8 67677.53 67649.64 67624.60 69088.20 69060.61b 69036.07 70463.96 70436.90 70412.72

9 67674.06 67643.01 67614.92 69084.27 69053.61 69026.02 70459.53 70429.43 70402.26b

10 67669.87 67635.69 67604.51 69079.56 69045.84 69015.19 70454.30b 70421.15 70390.95

11 67664.92b 67627.65 67593.38 69074.07 69037.29 69003.58 70448.21 70412.06 70378.84

12 67659.27 67618.88 67581.50 69067.80 69027.97 68991.20 70441.31 70402.18b 70365.92

13 67652.87 67609.38 67568.90 69060.76b 69017.87 68978.04 70433.59 70391.41 70352.18
14 67645.74 67599.14 67555.57 69052.92 69006.99 68964.12 70425.05 70379.85 70337.61
15 67637.86 67588.18 67541.51 69044.32 68995.33 68949.40 70415.67 70367.48 70322.23
16 67629.24 67576.49 67526.73 69034.92 68982.90 68933.92 70405.47 70354.27 70306.04
17 67619.89 67564.05 67511.19 69024.77 68969.67 68917.65 70394.44 70340.24 70289.00
18 67609.78 67550.87 67494.92 69013.78 68955.70 68900.60 70382.59 70325.39 70271.16

continued on next page
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(2,0) (3,0) (4,0)

J ′′ Re(J ′′) Qf (J ′′) Pe(J ′′) Re(J ′′) Qf (J ′′) Pe(J ′′) Re(J ′′) Qf (J ′′) Pe(J ′′)

19 67598.95b 67536.94 67477.92 69002.03 68940.89 68882.80 70369.88 70309.72 70252.48
20 67587.33 67522.30 67460.19 68989.48 68925.33 68864.21 70356.37 70293.21 70233.00
21 67574.92 67506.89 67441.70 68976.22 68908.97 68844.79 70342.03 70275.86 70212.65
22 67561.70 67490.78 67422.46 68962.08 68891.89 68824.64 70326.84 70257.68 70191.52
23 67547.46 67473.82 67402.45 68947.17 68873.96 68803.75 70310.78 70239.24 70169.54
24 67530.58 67456.15 67381.62 68931.46 68855.22 68781.99 70293.93 70218.90 70146.73
25 67520.28 67437.66 67359.77 68915.02 68835.70 68759.48 70276.21 70198.21 70123.10
26 67503.39 67418.29 67335.29 68897.69 68815.44 68736.18 70257.68 70176.71 70098.63

27 67486.31 67397.77 67317.41 68879.56 68794.20 68712.16 70238.31b 70154.37 70073.34
28 67468.58 67374.63 67292.93 68860.55 68770.99 68687.22 70218.03 70131.19 70047.21
29 67450.03 67361.31 67268.28 68840.30 68750.33 68661.52 70196.95 70107.17 70020.24
30 67430.37 67337.38 67242.97 68822.27 68726.69 68634.95 70175.00 70082.31 69992.43
31 67417.14 67314.00 67216.87 68800.01 68702.36 68607.14 70152.17 70056.60 69963.79
32 67392.61 67290.19 67189.66 68777.81 68677.19 68581.56 70128.35 70030.04 69934.29
33 67370.68 67265.74 67168.90 68754.92 68651.02 68551.76 70106.17 70002.63 69903.92
34 67348.30 67240.58 67136.83 68731.22 68625.59 68522.08 70079.26 69974.35 69872.57
35 67325.89 67214.61 67107.38 68706.74 68597.80 68491.62 70052.93 69945.17 69842.87
36 67301.93 67188.51 67077.50 68681.45 68569.49 68460.41 70025.84 69914.90 69808.45
37 67277.26 67160.83 67047.57 68655.36 68540.43 68428.42 69997.89 69888.36 69774.62
38 67256.49 67132.43 67016.12 68628.46 68510.57 68395.65 69969.03 69853.81 69740.03
39 67227.31 67107.93 66983.97 68600.75 68479.90 68362.08 69938.72 69821.03 69704.61
40 67200.28 67075.00 66955.71 68572.22 68448.23 68327.76 69909.59 69787.59 69668.29

41 67172.06 67044.14 66919.10 68542.87 68416.52 68292.54 69878.01 69753.32 69630.43b

42 67145.95 67012.83 66884.61 68512.68 68383.32 68256.55b 69845.70 69718.20 69593.95
43 67115.28 66982.80 66848.98 68481.65 68349.41 68219.80 69812.54 69682.03 69554.93

continued on next page
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J ′′ Re(J ′′) Qf (J ′′) Pe(J ′′) Re(J ′′) Qf (J ′′) Pe(J ′′) Re(J ′′) Qf (J ′′) Pe(J ′′)

44 67087.12 66949.46 66815.45 68449.64 68314.71 68182.17 69778.25 69646.17b 69515.21

45 67056.40 66915.88 66777.38 68415.42 68279.13 68143.74 69747.15 69607.90b 69474.61

46 67023.71 66881.55 66741.82 68384.81 68242.75 68104.34b 69708.67 69569.50 69432.95w

47 66993.21 66703.75 66703.75 68350.09 68205.49 68062.70w 69530.04 69394.53

48 66960.40 66811.29 68167.17b 68024.82w 69489.51 69348.60b

49 66926.80 66774.68 66625.81w 68126.16w 69596.13 69449.25 69304.46w

50 66892.44 66737.33 69407.01
51 66857.29w 66699.10 69364.03w

52 66821.38w
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7.3. Results

Table 7.2 – Transition frequencies (in vacuum cm−1) for excitation of the
various perturber states obtained in the present VUV-FT measurements, recal-
ibrated from the laser data. The quantum number in brackets J ′′ represents the
total angular momentum of the ground state. The left-superscripts Q, S, R,
O and P denote the total angular momentum excluding spin of the perturber
states, according to the notation in Ref. [155]. The subscripts e and f indicate
the electronic symmetry of the upper state. The superscripts b and w indicate
blended and weak transitions, respectively.

d3∆ −X1Σ+ (7,0) e3Σ− −X1Σ+ (4,0) I1Σ− −X1Σ+ (3,0)
RQf (42) 67028.66w OPe(26) 67346.78 QQf (6) 67666.78w

RQf (43) 66964.86 OPe(27) 67298.26 QQf (7) 67656.98
P Pe(40) 66947.61 QRe(23) 67574.05w QQf (8) 67645.13b

RRe(38) 67248.35 QRe(24) 67542.09 QQf (9) 67632.32w

QQf (39) 67099.82 QRe(25) 67501.14
QQf (27) 67429.16 I1Σ− −X1Σ+ (6,0)

d3∆ −X1Σ+ (8,0) QQf (28) 67391.50 QQf (23) 70237.93b

SRe(25) 68912.94w QQf (29) 67341.85
RQf (26) 68813.41 QQf (30) 67300.60 a′3Σ+ −X1Σ+ (13,0)

QQf (32) 67210.86w P Pe(31) 68624.61
d3∆ −X1Σ+ (10,0) QPe(32) 67212.33 P Pe(32) 68568.47

QQf (45) 69607.35b QPe(33) 67158.32 RRe(29) 68857.80
QPe(34) 67113.40 RRe(30) 68809.19

D1∆ −X1Σ+ (3,0) SRe(31) 67406.56 RQf (33) 68664.38
P Pe(48) 66666.80 SRe(32) 67369.20 RQf (34) 68610.50
RRe(46) 67026.86

e3Σ− −X1Σ+ (7,0) a′3Σ+ −X1Σ+ (15,0)
OPe(35) 69836.03 P Pe(47) 69386.27w

QRe(33) 70099.33 RRe(45) 69738.97
QQf (36) 69941.07w

QQf (37) 69879.81
SRe(39) 69948.44w

compare combination differences between P(J) and R(J − 2) transitions in the
FT data with the very accurate far-infrared data [162]. The comparison yields
good agreement with a standard deviation of 0.015 cm−1, smaller than the
estimated FT uncertainty.

In view of parity selection rules, the measured transition frequencies in the
present one-photon absorption experiment cannot be compared directly with
values obtained in the two-photon laser experiment for the same bands [126].
However, based on accurately known ground-state level energies [18] and the
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7. Perturbation analysis of CO A-X (2,0), (3,0) and (4,0) bands

Table 7.3 – Level energies (in vacuum cm−1) of A1Π v = 2, 3, 4 states. The
energies indicated with * are the level energies from the laser data [188]. The
FT data include energy corrections deduced from the comparison with laser
data.

v = 2 v = 3 v = 4

J ′ e f e f e f

1 67678.895 * 67678.895 * 69091.640 * 69091.639 * 70469.933 * 70469.951 *
2 67685.127 * 67685.123 * 69097.775 * 69097.775 * 70475.924 * 70475.971 *
3 67694.474 * 67694.467 * 69106.979 * 69106.979 * 70484.923 * 70484.995 *
4 67706.932 * 67706.922 * 69119.251 * 69119.249 * 70496.934 * 70497.023 *
5 67722.506 * 67722.486 * 69134.588 * 69134.585 * 70511.96 70512.03
6 67741.192 * 67741.14 69152.994 * 69152.988 * 70530.02 70530.12
7 67762.99 67762.73 69174.46 69174.46 70551.11 70551.19
8 67787.90 67788.03 69198.99 69199.00 70575.23 70575.29
9 67815.92 67815.99 69226.59 69226.59 70602.35 70602.41
10 67847.04 67847.09 69257.25 69257.24 70632.51 70632.56
11 67881.27 67881.31 69290.97 69290.96 70665.69 70665.72
12 67918.59 67918.65 69327.74 69327.74 70701.88 70701.94
13 67959.04 67959.07 69367.57 69367.57 70741.07 70741.11
14 68002.56 68002.61 69410.46 69410.45 70783.29 70783.32
15 68049.20 68049.24 69456.39 69456.39 70828.51 70828.53
16 68098.91 68098.96 69505.37 69505.37 70876.72 70876.75
17 68151.71 68151.77 69557.39 69557.40 70927.95 70927.96
18 68207.60 68207.66 69612.48 69612.49 70982.16 70982.18
19 68266.57 68266.62 69670.58 69670.57 71039.38 71039.40
20 68328.62 68328.68 69731.70 69731.71 71099.56 71099.59
21 68393.70 68393.80 69795.87 69795.87 71162.75 71162.76
22 68461.82 68462.01 69863.12 69863.12 71228.92 71228.92
23 68532.93 68533.19 69933.31 69933.33 71298.06 71298.61
24 68606.83 68607.46 70006.54 70006.54 71370.16 71370.21
25 68681.89 68684.72 70082.78 70082.76 71445.24 71445.27
26 68767.34 68764.89 70162.09 70162.04 71523.27 71523.31
27 68849.99 68847.71 70244.28 70244.14 71604.27 71604.30
28 68936.25 68931.69 70329.49 70328.05 71688.23 71688.25
29 69025.64 69029.28 70417.61 70418.30 71775.09 71775.14
30 69118.00 69120.04 70508.27 70509.35 71864.92 71864.97
31 69213.03 69215.13 70604.93 70603.49 71957.66 71957.73
32 69318.27 69313.57 70701.14 70700.56 72053.30 72053.41
33 69415.98 69415.12 70801.21 70800.40 72151.72 72152.01
34 69520.06 69519.73 70904.30 70904.74 72255.55 72253.50
35 69627.46 69627.29 71010.37 71010.48 72358.41 72357.85

continued on next page
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7.4. Perturbation analysis

v = 2 v = 3 v = 4

J ′ e f e f e f

36 69738.57 69738.47 71119.41 71119.45 72465.61 72464.86
37 69851.89 69851.82 71231.41 71231.42 72575.80 72579.35
38 69968.25 69968.19 71346.35 71346.34 72688.88 72689.57
39 70092.23 70092.20 71464.24 71464.17 72804.79 72805.30
40 70211.58 70211.51 71585.02 71584.74 72922.94 72924.10
41 70336.78 70336.61 71708.72 71708.99 73046.10 73045.79
42 70464.53 70464.99 71835.35 71835.47 73170.48 73170.35
43 70598.10 70598.35 71964.83 71964.96 73297.86 73297.58
44 70730.83 70732.11 72097.20 72097.37 73428.08 73428.82
45 70869.77 70869.34 72232.29 72232.59 73560.90 73561.36
46 71009.87 71009.51 72368.85 72370.71 73700.64 73697.45
47 71151.67 71009.89 72512.79 72511.62 73836.61 73836.18
48 71299.35 71299.30 72656.23 72655.17 73978.00 73977.51
49 71448.40 71448.22 69863.12 72799.70 74122.79
50 71600.33 71600.07 69933.31 74269.66 74269.75
51 71755.19 71754.70 74419.63
52 71912.89
53 72073.49

derived excited state Λ−doublet splittings, a verification of absolute level en-
ergies derived from the VUV-FT experiment can be compared with the more
accurate data from the laser experiment, yielding the differences shown in
Fig. 7.3. The average offsets between the two data sets are different for differ-
ent bands, on the order of 0.01 cm−1. These small discrepancies are attributed
to an offset in the FT data that is well within its estimated uncertainty. The
standard deviation of ∼ 0.005 cm−1, demonstrates that the relative uncertainty
of the FT data is much smaller than the estimated absolute uncertainty. The
energy offsets with respect to the more accurate laser spectroscopy data were
used to correct the level energies of the A1Π v = 2, 3, 4 levels by 0.005, 0.011
and 0.009 cm−1, respectively. The corrected level energies are listed in Ta-
ble 7.3, where the values derived from laser data are used for J = 1 − 6. The
level energies of perturber states are also corrected by the calibration shift and
shown in Table 7.4. In a similar way the corrections for the level energies, have
also been applied to the transition energies listed in Tables 7.1 and 7.2.

7.4 Perturbation analysis

The CO A1Π−X1Σ+ system is heavily perturbed by many other electronically
excited states. The A1Π (v = 2) levels are perturbed by levels of the e3Σ−
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7. Perturbation analysis of CO A-X (2,0), (3,0) and (4,0) bands

Table 7.4 – Level energies (in vacuum cm−1) of perturber states for A1Π
v = 2, 3, 4 states, with applied energy corrections obtained from the laser data.

J ′ d3∆(v = 7) J ′ e3Σ−(v = 4) J ′ I1Σ−(v = 3)
42 F3f 70480.81 24 F1e 68633.43 6 F1f 67747.52
43 F3f 70580.41 25 F1e 68693.40 7 F1f 67764.63
39 F2e 70084.11 26 F1e 68748.20 8 F1f 67783.52
39 F2f 70084.09 27 F2f 68879.09 9 F1f 67805.30

28 F2f 68948.57
d3∆(v = 8) 29 F2f 69009.82 I1Σ−(v = 6)

26 F3e 70160.00 30 F2f 69083.27 23 F1f 71297.30
26 F3f 70160.01 32 F2f 69234.24

31 F3e 69235.70 a′3Σ+(v = 13)
d3∆(v = 10) 32 F3e 69307.70 30 F2e 70525.76

45 F2f 73560.81 33 F3e 69392.57 31 F2e 70591.85
33 F3f 70813.76

D1∆(v = 3) e3Σ−(v = 7) 34 F3f 70889.65
47 F1e 71154.81 34 F1e 72248.71

36 F2f 72491.03 a′3Σ+(v = 15)
37 F2f 72570.80 46 F2e 73692.42
40 F3e 72932.71

(v = 4), d3∆ (v = 7), a′3Σ+ (v = 11, 12), D1∆ (v = 3) and I1Σ− (v = 3, 4)
states; the A1Π (v = 3) levels are perturbed by e3Σ− (v = 5, 6), d3∆ (v = 8),
a′3Σ+ (v = 13), and I1Σ− (v = 5) states; the A1Π (v = 4) levels are perturbed
by e3Σ− (v = 7), d3∆ (v = 9, 10), a′3Σ+ (v = 14, 15), and I1Σ− (v = 6)
states. Figure 7.4 plots level energies as function of J(J + 1) for vibrational
progressions of the A1Π and perturber states relevant to this study, showing
the crossing points where local perturbations may occur. The labels denote
electronic state and vibrational quantum number. As will be discussed below,
observable effects from some perturber states which do not cross with the A1Π
state are manifest in the analysis, e.g. a′3Σ+ (v = 16).

We model each observed A1Π − X1Σ+ band and interacting levels with a
local deperturbation analysis, in a similar style to what was done by Niu. et.
al. [188]. In this study, we use accurate transition energies obtained from FT
spectroscopy for levels up to J ′′ = 52 of the A1Π − X1Σ+ (2,0), (3,0) and
(4,0) bands, as well as transitions attributed to perturber states. The more
accurate low-J transition frequencies from the laser-based experiments [126]
are preferentially used. In order to perform a more comprehensive perturbation
analysis, we also use results from previous investigations. For the perturber
state transitions, we used the low-J data from Ref. [168] for d3∆ − X1Σ+
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Figure 7.3 – (Color online) The difference between A1Π level energies derived
from the laser and FTS datasets for low J levels. The energy differences are
applied as corrections to FTS-derived level energies and transition frequencies
reported here.

(7,0), (8,0) and (10,0); for e3Σ− −X1Σ+ (4,0) and (5,0) data from Ref. [155];
for e3Σ− − X1Σ+ (6,0) and (7,0) data from Ref. [169]. Since these older
spectroscopic investigations are less accurate, we used relative weights that
reflect the respective accuracies. A relative weight of 10 is assigned to data
from Niu [126], 1 to the present FT data, 0.5-0.25 to weak and blended lines
in the present FT data, 0.2 to data from Morton and Noreau [155], and 0.1 to
data from Herzberg et al. [168] and Simmons and Tilford [169].
We performed a perturbation analysis on CO A1Π − X1Σ+ (2, 0), (3, 0) and
(4, 0) bands using the Pgopher software [186], where the same effective Hamil-
tonian model as Ref. [188] was used, retaining their symbols for the various
molecular constants (see Table 6 of Ref. [188]). The unweighted residuals of
the fits are dominated by the uncertainties in the literature data. The mean
weighted residuals of the fits on the transition energies of the A1Π − X1Σ+

(2, 0), (3, 0) and (4, 0) bands, including relevant literature data are 0.016 cm−1,
0.014 cm−1 and 0.021 cm−1, respectively. In total, 235, 218, and 213 transitions
are used to fit 22, 17, and 20 molecular fit parameters for the A1Π (v = 2, 3,
and 4) states, respectively. The interaction parameters between A1Π states
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Figure 7.4 – (Color online) Perturbation diagram. Level energies as function
of J(J+1) for A1Π and perturber states. The labels denote the electronic state
and vibrational quantum number, e.g. a′16 is shorthand for a′3Σ+ (v = 16).
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7.4. Perturbation analysis

and perturbing states are denoted by ηi for triplet perturbers and ξi for singlet
perturbers, where the i = 2, 3, 4 indices correspond to the A1Π (v = 2, v = 3
and v = 4) levels.
In addition to the A1Π−X1Σ+ (2, 0), (3, 0) and (4, 0) bands, we also improve
the molecular constants for those perturber states for which a sufficient number
of transitions are observed in the present FT experiment. These extra lines are
listed in Table 7.2 and, in general, occur at the level crossings of A1Π (v)
rotational series with those of perturber states.
The final set of deperturbed molecular constants obtained from the fits are
summarized in Table 7.5. Molecular constants with an uncertainty indicated in
parentheses () are fitted (free) parameters. The others are taken from previous
deperturbation models, indicated accordingly in the footnote, and used as fixed
parameters during the fitting procedures. Note that we include all possible
perturber states, even those that have no crossings with A1Π states (e.g. d3∆
(v = 9) and a′3Σ+ (v = 11) states), to have a consistent model that facilitates
comparisons with previous investigations, such as Ref. [187].
As expected from the extensive coverage of transition energies in the A1Π −
X1Σ+ bands, we obtain accurate molecular constants for the A1Π states. This
is also the case for the molecular constants of the e3Σ−(v = 4, 7), d3∆(v = 7),
a′3Σ+(v = 13), and I1Σ−(v = 3) states as would be expected by inspection of
Table 7.2.
The band origin Tv for A1Π (v = 3) obtained in the analysis has a larger uncer-
tainty compared to v = 2 and 4, which is attributed to uncertainty regarding
its perturbation by the e3Σ− (v = 5) state. The rotational progression of
e3Σ− (v = 5) does not actually cross with A1Π (v = 3) and no extra perturber
transitions are observed. Hence, less accurate literature values for transition
energies in the e3Σ−−X1Σ+ (5, 0) band [155] were included. The effect of this
interaction is a global energy shift of A1Π (v = 3), which ultimately translates
to a larger uncertainty of Tv in A1Π (v = 3).
From Fig. 7.4, the D1∆ (v = 4, 5, 6) states are expected to cross the A1Π
vibrational states, however, no extra lines are obtained in this work, due to the
small interaction parameters involved. Thus the inclusion of these states does
not lead to any significant improvements in the quality of the fit. The addition
of the I1Σ− (v = 7) state, where the crossing is predicted to occur at J = 55
and outside the data range, also does not improve the fitting. Therefore these
states are excluded in the final model reported.
The A1Π (v = 4) state is perturbed by d3∆ (v = 10) at J = 45 and a′3Σ+

(v = 15) at J = 46, but these perturber lines are only observed weakly and
their assignment is tentative. The assigned transition P(46), Q(45) and R(44)
in A1Π−X1Σ+ (4,0) band are off in the resulting fit by 0.5 cm−1. Hence, in
the final fitting, the relative weights for these lines was set at 0.01.
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Table 7.5 – Compilation of the molecular constants for the A1Π, v = 2, v = 3, and v = 4 states of 12C16O and
all perturbing states following from the present analysis. All values in vacuum cm−1. 1σ uncertainties given in
parentheses in units of the least significant digit.

Singlet states A1Π(v = 2) A1Π(v = 3) A1Π(v = 4)

Tv 67675.9408 (6) 69088.368 (18) 70465.956 (7)
B 1.55829 (1) 1.53503 (4) 1.51171 (2)
q ×106 -7 (4) -4 (3) -10 (4)
D ×106 7.55 (1) 7.68 (3) 7.91 (2)
H ×1011 -2.7 (3) -2.2 (8) -0.3 (6)

Triplet states e3Σ−(v = 4) e3Σ−(v = 5) e3Σ−(v = 6) e3Σ−(v = 7)

Tv 67969.82 (2) 68987.42 (2) 69986.25 (4) 70965.16 (2)
B 1.20441 (5) 1.1877 a 1.16990 (6) 1.15289 (6)
λ 0.69 a 0.63 a 0.64 a 0.76 a

D ×106 6.35 (4) 6.664 a 6.637 a 6.22 (4)
H ×1012 -2 b -2 b -2 b -2 b

η2 12.93 (1)
η3 9.4 (3) 11.37 (5)
η4 7.36 (3)

Triplet states d3∆(v = 7) d3∆(v = 8) d3∆(v = 9) d3∆(v = 10)

Tv 68257.71 (4) 69270.92 (1) 70266.034 a 71242.54 (6)
B 1.18277 (9) 1.16629 (3) 1.15010 a 1.13312 (3)
A -16.82 (3) -17.16 (2) -17.34 a -17.28 (4)
λ 1.15 a 1.2 a 1.31 a 1.58 a

γ ×103 -9 a -8 a -10 a -8 a

D ×106 6.44 (4) 6.41 a 6.40 a 6.53 (2)
H ×1012 -0.8 c -0.8 c -0.8 c -0.8 c

AD ×104 -1 a -1 a -1 a -1 a

η2 10.74 (2)
η3 0.79 (7)

continued on next page

11
0



7.4.
P

ertu
rb

ation
an

aly
sis

η4 7.00 a -1.6 (2)

Triplet states a′3Σ+(v = 11) a′3Σ+(v = 12) a′3Σ+(v = 13) a′3Σ+(v = 14) a′3Σ+(v = 15)

Tv 67529.52 d 68519.7 d 69491.43 (6) 70443.55 d 71377.83 (2)
B 1.14921 a 1.1338 d 1.11772 (5) 1.1051 a 1.08596 a

λ -1.103 a -1.103 e -1.151 a -1.14 a -1.07 a

γ ×103 4.47 a 0 a 0 a 0 a 0 a

D ×106 6.255 a 6.251 a 6.254 a 6.263 a 6.284 a

H ×1012 -0.4 f -0.4 f -0.4 f -0.4 f -0.4 f

η2 6.81 a 5.82 (3)
η3 7.06 (2)
η4 8.24 (4) -6.93 (5)

Singlet states D1∆(v = 3)

Tv 68504.34 (2)
B 1.19 g

D ×106 7 h

H ×1012 -0.3 h

ξ2 0.0331 (3)

Singlet states I1Σ−(v = 3) I1Σ−(v = 4) I1Σ−(v = 5) I1Σ−(v = 6)

Tv 67696.79 (3) 68706.08 d 69692.39 d 70661.38 (3)
B 1.2069 (4) 1.1915 d 1.1748 d 1.1568 d

D ×106 6.89 i 6.89 i 6.89 i 6.89 i

H ×1012 3 i 3 i 3 i 3 i

ξ2 0.062 (1) 0.079 (2)
ξ3 0.0338 (6)
ξ4 0.0193 (7)
a Data from Ref. [187] and converted.
b Constant fixed to that of e3Σ−, v = 3 [151] as first-order approximation.
c Constant fixed to that of d3∆, v = 5 [151] as first-order approximation.
d Data from Ref. [169].
e Constant fixed to that of a′3Σ+, v = 11 as first-order approximation.
f Constant fixed to that of a′3Σ+, v = 9 [151] as first-order approximation.
g Extrapolated from D1∆, v = 1 and v = 2 [151].
h Constant fixed to that of D1∆, v = 1 [151] as first-order approximation.
i Constant fixed to that of I1Σ−, v = 2 [151] as first-order approximation.
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7. Perturbation analysis of CO A-X (2,0), (3,0) and (4,0) bands

The d3∆ (v = 9) and a′3Σ+ (v = 11) states perturb the A1Π (v = 4) and
(v = 2) states, but without crossing them. Then the interaction parameters
are strongly correlated with the Tv parameters for the A1Π states. Hence, the
interaction parameter for these two perturbations were fixed using the values
from the original analysis of Field [187].

7.5 Discussion and Conclusion

High-precision frequency measurements of more than 450 rotational lines in CO
A1Π−X1Σ+ (2, 0), (3, 0) and (4, 0) bands (for J up to 52) have been performed.
Three different configurations are used in the experiment to obtain the accurate
transition frequencies for levels extending to high−J . The accuracy of absolute
transition frequencies is 0.01-0.02 cm−1. The present data, including recent
laser data [126] as well as literature values are used to perform a successful
global analysis of the perturbations by other electronic states.

In comparison to the original perturbation analysis by Field [187], the present
investigation finds more local perturbation crossings, like those involving e3Σ−

(v = 6), d3∆ (v = 10), a′3Σ+ (v = 12, 15), I1Σ− (v = 4, 5). These crossings are
found at high rotational quantum number, which could be observed in our high
temperature and saturated spectrum. Molecular constants Tv represent the de-
perturbed level energy separations between ground state X1Σ+ (v = 0, J = 0)
and excited state (v, J = 0), and can be compared with the deperturbed G(v)
of Field [150, 187]. This yields good agreement at the 0.1 cm−1 level. Note
that Tv should not be compared directly with E(v) in Field [150, 187], since
E(v) is defined as the deperturbed level energy of the lowest existing rota-
tional level in the particular excited state, which for the A1Π state is J = 1.
Overall the extended data set and the improved accuracy of the level energies
yields the derivation of molecular constants at a higher accuracy than in the
previous analysis. Values for the B constants are found to be the same within
∼ 10−4 cm−1. The interaction parameters η are similar to those derived pre-
viously [187]; here a different definition of interaction matrix elements should
be considered, with the present numbers divided by a factor

√
3 [186].

The accurate transition frequencies in A1Π and perturber states will be useful
in the analysis of the astronomical spectra in order to determine a value for the
cosmic microwave background temperature at high redshift [147]. The results
presented here are also relevant to studies that probe for a possible variation of
the proton-to-electron mass ratio (µ) using CO [7]. Work is in progress in the
analysis of CO A1Π−X1Σ+ spectra toward the quasar J1237+064 combined
with H2 analysis in the same absorption system at redshift z = 2.69 [1]. This
work provides more accurate laboratory wavelengths for the comparisons, and
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CHAPTER 8
VUV-synchrotron absorption studies of

N2 and CO at 900 K

Published as J. Mol. Spectrosc. 315, 137, 2015

Photoabsorption spectra of N2 and CO were recorded at 900 K, using the vacuum-
ultraviolet Fourier-transform spectrometer at the DESIRS beamline of syn-
chrotron SOLEIL. These high-temperature and high-resolution measurements
allow for precise determination of line wavelengths, oscillator strengths, and
predissociative line broadening of highly-excited rotational states with J up to
about 50, and also vibrational hot bands. In CO, the perturbations of the A 1Π−
X 1Σ+ vibrational bands (0, 0) and (1, 0) were studied, as well as the transitions
to perturbing optically-forbidden states e 3Σ−, d 3∆, D 1∆ and a′ 3Σ+. In N2,
we observed line shifts and broadening in several b 1Πu −X 1Σ+

g bands due to
unobserved forbidden states of 3Πu symmetry. The observed state interactions
are deperturbed and, for N2, used to validate a coupled-channels model of the
interacting electronic states. These data are appropriate for use in astrophys-
ical or (exo-)planetary atmospheric applications where high temperatures are
important and in future spectroscopic models of these molecules.
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8. Hot spectra of CO and N2

8.1 Introduction

The technique of Fourier-transform spectroscopy is typically applied to the
infrared and optical wavelength domains. The interferometric principle re-
quires a beam-splitter for which no materials exist in the far vacuum ultravio-
let (VUV) part of the electromagnetic spectrum. At the DESIRS beamline of
the SOLEIL synchrotron [157] this problem was solved by developing a VUV
Fourier-transform spectrometer (FTS) based on beam-splitting by wave-front
division, thus enabling high-resolution spectroscopy at wavelengths in the range
40−200 nm [158, 181]. In recent years, this unique instrument has been used to
perform high resolution spectroscopic studies on a number of small molecules
in the gas phase that exhibit strongly-structured multi-line spectra, such as
H2 [193], HD [135], N2 [194], and CO [188]; as well as for molecules with more
continuum-like spectra, such as CO2 [195]. These studies amply demonstrate
the broadband advantage of the Fourier-transform technique by revealing many
hundreds of absorption lines in a single-scan window of some 5 nm, determined
by the bandwidth of the beam line undulator source. Alternatively, the setup
was used to determine photo-absorption cross sections [196] and predissociation
linewidths (and hence rates) of excited states of small molecules [194, 197].

The FTS-VUV setup has been used for gas-phase absorption spectroscopy un-
der varied measurement conditions. Most studies have been performed in a
quasi-static gas environment where the gas sample effusively flows through a
narrow capillary-shaped absorption cell, with the absorption path aligned with
the VUV beam emanating from the undulator. This cell was not equipped with
windows, to permit passage of the VUV beam through the sample gas into the
FTS-VUV instrument for spectroscopic analysis. For this geometry, differen-
tial pumping maintains an ultrahigh vacuum in the FTS and DESIRS beam
line. The column density of absorbing gas is limited by the pumping conditions
and vacuum requirements of the beam line. In any case, there is a pressure
gradient over the cell length falling off toward both ends, complicating any ab-
solute column density calibration. In further studies dedicated to cross-section
measurements, a movable gas cell was used of ∼ 19 mm length and sealed
by either MgF2 or LiF wedged windows. This allowed for somewhat-higher
pressures and controlled gas column densities [198]. Studies using this cell
are limited in wavelength range to λ > 105 nm [199] by the short-wavelength
opacity of the windows. In some experiments requiring the simplification of
congested spectra, a molecular jet expansion was employed as well as cooling
of the quasi-static gas cell with liquid-nitrogen or liquid-helium. A comparison
between these techniques was performed in a study of the D2 spectrum [200]
which also demonstrated improved spectral resolution and accuracy through
reduction of the Doppler width under these conditions.
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8.2. Experimental

For the present study a heated cell is implemented, allowing for the recording
of spectra at temperatures of ∼ 1000 K. The high-resolution FTS allows for
the measurement and analysis of severely congested spectra at these elevated
temperatures. Such spectra bear significance for the modeling of astrophysi-
cal shock-wave regions [201], or other high-temperature astrophysical regions
where the spectroscopy of small molecules is key to understanding the phe-
nomena, such as e.g., in the photospheres of white dwarfs [4]. Another goal of
performing spectroscopy of hot samples is to follow rotational progressions to
high J-quantum numbers, where perturbations due to non-Born-Oppenheimer
effects are abundantly present. Some pertinent perturbation features specif-
ically occurring at high rotational quantum numbers will be shown here in
VUV-absorption spectra of CO and N2 recorded at 900 K.

8.2 Experimental

The VUV Fourier-Transform spectrometer at the DESIRS beamline is a per-
manent end station dedicated to high-resolution photoabsorption studies in
the range 4 − 30 eV [157]. The instrument has been described in detail pre-
viously [158, 181]. In short, the spectrometer is based on wave-front division
interferometry using reflective surfaces, thus allowing the extension of the FTS
technique into the far VUV spectral range. The undulator white beam is used
as the background, feeding the FTS branch and permits the recording of a
spectral bandwidth ∆E/E = 7%, corresponding to 5 nm, on each scan. The
typical integration time for a single scan is less than 30 minutes to obtain a
signal-to-noise ratio for the background continuum level of ∼ 400.

The windowless absorption cell is a 40 cm long T-shaped tube with a rectangu-
lar cross section, installed under vacuum inside the multi-purpose gas sample
chamber of the FTS branch (Fig. 8.1). The cross section of the tube (7.5 ×
4.5 mm) is adapted to the astigmatic shape and dimensions of the undulator
source in this section of the beam line. An Inconel heating element (thermo-
coax) is wrapped around the tube sitting in a groove designed to maximise
the contact surface between the heating wire and the cell, and ensuring the
gas flowing in the tube is uniformly heated. Two semi-cylindrical shells are
pressed around the cell in order to improve the thermal contact during the
heating operation. An extra stainless steel box is also installed to shield radia-
tion originating from the cell. Inconel allows for heating the cell up to 1000 K,
although, the present measurements were done at a maximum temperature of
900 K. The cell is mounted on a copper base plate that can be cooled by water
circulation, although during the experiments the setup was operated without
the cooling system. The temperature of the base-mount was carefully moni-
tored within the covered range of temperature (for the cell) and never went

117



8. Hot spectra of CO and N2

Figure 8.1 – (a) Cross-section drawing of the gas sample chamber mounted
in the FTS-branch of the DESIRS beam line at SOLEIL. The high temperature
windowless cell is located in the center of the chamber and is separated from the
ultra-high vacuum of the beamline by two stages of differential pumping. (b)
The inset shows details of the cell and the shielding where half of the cylindrical
shell has been removed for clarity. The heating element is wrapped around the
cylindrical cell inside a groove in order to increase surface contact with the cell.
The gas is flowing through a 7.5×4.5 mm tube into the heated cell. The copper
base can be cooled down with a thermalized water circulation system.

118



8.3. Absorption spectra of N2

beyond a maximum of 200oC with no visible consequence or damage. A ther-
mocouple is connected at one end of the cell to obtain an indication of the gas
temperature. The quasi-static gas density inside the heated cell was monitored
from outside the vacuum by a 1 mbar range capacitive gauge. The gas column
density was adjusted by a needle valve in order to have a constant continuous
flow through the cell during the photoabsorption measurements. The effective
column density along the absorption path inside the cell varied from 4×1014 to
1.2×1017 cm−2 and was adjusted according to the cross sections of the recorded
bands.
In the present study, the FTS-VUV was set to provide an instrumental linewidth
of 0.27 cm−1. The Doppler broadening corresponds to 0.28 cm−1 at a fre-
quency of 65 000 cm−1, temperature of 900 K, and molecular mass of 28 amu.
After convolution with the instrument width, a spectral linewidth of 0.39 cm−1

is anticipated for unsaturated and non-predissociation-broadened N2 and CO
lines. The FTS spectra are intrinsically wavelength calibrated by monitor-
ing the movement of the travel arm in the interferometer which is controlled
by a HeNe-laser [158, 181]. Additional and improved calibration can be de-
rived from co-recording special calibration lines, e.g. resonance lines of noble
gases [159, 161]. In the present case of the CO spectra the very accurate laser-
calibration data of the low-J rotational lines in the A − X bands, accurate
to ∆λ/λ = 3 × 10−8, were used [7]. For the present high-temperature mea-
surements with larger Doppler-broadening the FTS was not used in its very
highest resolution mode and the spectral accuracy typically reached is esti-
mated at 0.02 cm−1. The accuracy is somewhat lower for weaker and blended
lines.

8.3 Absorption spectra of N2

Five N2 vibrational bands were analysed appearing in our spectrum between
100 400 and 108 500 cm−1 (99.6 and 92.2 nm). These bands are spectroscopi-
cally denoted b 1Πu −X 1Σ+

g (v′, v′′ = 0) for v′ = 0, 1, 2, and 10, and c′4
1Σ+

u −
X1Σ+

g (v′ = 0, v′′ = 1) (where v′ and v′′ are upper- and lower-state vibra-
tional quantum numbers, respectively; and hereafter we neglect electronic-state
term symbols); and have been previously observed in room-temperature or
expansion-cooled synchrotron- or laser-based experiments [202, 203, 204, 205,
206, 207]. Part of our photoabsorption spectrum showing three of these bands
is plotted in Fig. 8.2. Apart from the three lowest vibrational bands in the
b 1Πu − X 1Σ+

g the (10,0) band was chosen for analysis since this band was
known to have rapidly varying predissociation linewidths [207] that could now
be monitored to higher-J values. A listing of the deduced term values for the
e and f components of the observed b(v′) levels is given in Table 8.1.
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12
0



8.3. Absorption spectra of N2

The analysis of DESIRS FTS spectra of molecular nitrogen has been discussed
previously [194]. This involves simulating each observed absorption line with
a Voigt profile defined by a Gaussian Doppler width, Lorentzian natural line
width, transition wavenumber, and integrated cross section. A summed cross
section is then transformed into an absorption spectrum by the Beer-Lambert
law and convolved with a sinc function simulating the instrumental resolution
of the FTS. All parameters defining the model absorption spectrum are then
optimised to best agree with the experimental scan.

In many cases a more useful measurement of the strength of a line than the
integrated cross section is a derived band f -value, calculated by factoring the
ground-state rotational thermal population as well as rotation-dependent Hönl-
London linestrength factors. Band f -values are only weakly dependent on
upper-state J ′ for unperturbed bands.

The main difficulties encountered while analysing the hot-cell N2 spectrum
were the significant contamination from highly-excited rotational structure of
nearby bands and obtaining a correct calibration of the temperature in the cell.
Groups of lines from the same vibrational band were sometimes analysed while
assuming correlated wavenumbers, widths and strengths to facilitate the anal-
ysis of blended spectral regions. That is, P (J ′′ − 1) and R(J ′′ + 1) transitions
are connected to a common excited state so the difference in their transition
wavenumbers was fixed to known ground-state energy levels [208] and a com-
mon linewidth assumed. A weak J ′-dependence (or J ′-independence) was also
assumed for some linewidths or f -values.

Lines with natural widths below about 0.05 cm−1 full-width half-maximum
(FWHM) are not reliably measured in our experiment due to concurrent in-
strument and Doppler broadening by 0.27 and about 0.4 cm−1 FWHM, respec-
tively. No linewidths are then measurable from our spectrum for transitions to
the weakly-predissociated c′4(0) level [209].

We compare our measured f -values and linewidths with those calculated from
an existing model of N2 photoabsorption and dissociation, including photoab-
sorbing 1Πu and 1Σ+

u excited states and spin-forbidden but dissociative 3Πu

states [194, 210, 211, 212, 213]. This model solves a coupled-Schrödinger equa-
tion (CSE) for the nuclear motion of the excited molecule, where the necessary
potential-energy curves and state interactions have been optimised with re-
spect to a large body of room-temperature experimental data. This model
has been successfully employed previously in applications of atmospheric [214]
and astronomical photochemistry [201, 215], including temperatures as high as
1000 K. Here, we seek to validate the extrapolation of the CSE model to high
temperature by comparison to our new measurements.
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8. Hot spectra of CO and N2

Table 8.1 – Experimental upper term valuesa for observed lines in N2 indexed
by excited state angular-momentum, J ′.

b(0) b(1) b(2) b(10)
J′ e-parity f-parity e-parity f-parity e-parity f-parity e/f-parityb

1 100 819.84(2) 100 819.91(4) 101 454.460(5) 101 454.455(8) 102 154.82(1) 102 154.79(3) 108 374.115(7)

2 100 825.54(3) 100 825.61(1) 101 460.090(7) 101 460.097(3) 102 160.33(1) 102 160.359(7) 108 378.968(4)

3 100 834.25(1) 100 834.27(2) 101 468.560(2) 101 468.541(4) 102 168.691(5) 102 168.658(9) 108 386.239(4)

4 100 845.85(2) 100 845.821(9) 101 479.798(4) 101 479.803(3) 102 179.754(8) 102 179.731(8) 108 395.955(4)

5 100 860.303(7) 100 860.32(1) 101 493.874(2) 101 493.877(3) 102 193.637(4) 102 193.70(1) 108 408.050(2)

6 100 877.67(1) 100 877.660(8) 101 510.764(3) 101 510.75(1) 102 210.295(7) 102 210.267(6) 108 422.591(3)

7 100 897.887(6) 100 897.895(9) 101 530.443(2) 101 530.456(4) 102 229.655(4) 102 229.675(8) 108 439.530(2)

8 100 921.01(1) 100 920.987(7) 101 552.946(2) 101 552.940(3) 102 251.874(9) 102 251.846(8) 108 458.875(2)

9 100 946.968(6) 100 946.96(1) 101 578.238(2) 101 578.24(1) 102 276.746(6) 102 276.770(9) 108 480.618(2)

10 100 975.83(1) 100 975.815(7) 101 606.338(3) 101 606.348(6) 102 304.416(6) 102 304.426(7) 108 504.758(2)

11 101 007.503(6) 101 007.52(3) 101 637.230(2) 101 637.230(3) 102 334.845(3) 102 334.856(7) 108 531.283(2)

12 101 042.036(9) 101 042.04(1) 101 670.911(2) 101 670.912(3) 102 368.018(4) 102 368.018(7) 108 560.191(2)

13 101 079.458(7) 101 079.44(1) 101 707.379(2) 101 707.378(3) 102 403.933(3) 102 403.926(8) 108 591.479(2)

14 101 119.70(1) 101 119.690(8) 101 746.629(2) 101 746.626(3) 102 442.572(3) 102 442.635(8) 108 625.157(2)

15 101 162.74(1) 101 162.74(1) 101 788.652(2) 101 788.654(3) 102 483.948(2) 102 483.965(6) 108 661.209(2)

16 101 208.58(2) 101 208.600(9) 101 833.455(2) 101 833.456(3) 102 528.044(3) 102 528.086(5) 108 699.644(2)

17 101 257.250(9) 101 257.29(2) 101 881.006(2) 101 881.013(3) 102 574.875(2) 102 574.887(4) 108 740.459(3)

18 101 308.77(2) 101 308.71(1) 101 931.329(3) 101 931.332(3) 102 624.387(3) 102 624.415(4) 108 783.684(5)

19 101 362.95(1) 101 362.91(3) 101 984.400(2) 101 984.400(4) 102 676.610(2) 102 676.647(4) 108 829.02(1)c

20 101 419.98(3) 101 419.92(1) 102 040.210(3) 102 040.215(3) 102 731.545(3) 102 731.574(3) 108 876.398(7)

21 101 479.69(2) 101 479.66(4) 102 098.767(2) 102 098.764(5) 102 789.153(2) 102 789.168(4) 108 926.565(6)

22 101 542.27(6) 101 542.13(3) 102 160.044(4) 102 160.042(3) 102 849.447(2) 102 849.489(3) 108 979.148(5)

23 101 607.38(2) 101 607.27(6) 102 224.043(3) 102 224.045(6) 102 912.413(2) 102 912.457(4) 109 034.005(5)

24 – 101 675.24(3) 102 290.766(6) 102 290.761(4) 102 978.050(3) 102 978.097(3) 109 091.321(4)

25 101 745.90(5) 101 745.66(7) 102 360.177(4) 102 360.171(8) 103 046.349(2) 103 046.384(4) 109 150.906(5)

26 – 101 819.01(6) 102 432.300(8) 102 432.275(6) 103 117.309(4) 103 117.327(3) 109 212.899(4)

27 101 895.03(5) – 102 507.081(5) 102 507.08(1) 103 190.873(2) 103 190.911(5) 109 277.088(7)

28 – 101 973.59(9) 102 584.52(1) 102 584.532(8) 103 267.083(4) 103 267.124(4) 109 343.734(9)

29 – – 102 664.686(8) 102 664.67(2) 103 345.914(3) 103 345.956(6) 109 412.79(1)

30 – 102 138.44(6) 102 747.45(4) 102 747.45(1) 103 427.360(6) 103 427.403(5) 109 484.23(4)

31 – – 102 832.91(1) 102 832.83(3) 103 511.408(4) 103 511.446(8) –

32 – – – 102 920.94(2) 103 598.05(1) 103 598.083(6) –

33 – – 103 011.62(3) – 103 687.265(6) 103 687.32(1) –

34 – – – – 103 779.06(1) 103 779.09(2) –

35 – – – – 103 873.41(1) 103 873.46(2) –

36 – – – 103 299.14(5) 103 970.27(3) 103 970.33(2) –

37 – – – – 104 069.79(4) 104 069.80(5) –

38 – – – – – 104 171.73(4) –

39 – – – – – 104 276.17(9) –

40 – – – – – 104 383.05(5) –

aWith units of cm−1 and parenthetical 1σ fitting uncertainties in terms of the least-
significant digit. The estimated absolute calibration uncertainty is 0.04 cm−1.

bNo splitting of e- and f - parity levels was observed (apart from for J ′ = 18) and these
were assumed identical.

cA splitting of e- and f - parity levels was observed, with term values 108 829.02(1) and
108 828.82(3) cm−1, respectively.
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Figure 8.3 – (Color online) Band f -values of all transitions observed in our
experiment as a function of excited-state angular-momentum quantum num-
ber, J ′, and with 1σ random fitting uncertainties ( circles with error bars). A
10% systematic error also applies and some f -values were analysed assum-
ing J ′-independent ranges ( horizontal error bars). Also shown are previously-
measured f -values [206, 207] ( crosses), and calculated by the CSE model ( solid
black curves).
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Figure 8.4 – (Color online) Band f -values of all c′4 − X(0, 1) transitions
observed in our experiment as a function of excited-state angular-momentum
quantum number, J ′, and with 1σ random fitting uncertainties ( circles with
error bars). A 10% systematic error also applies and some f -values were anal-
ysed assuming J ′-independent ranges ( horizontal error bars). Also shown are
alternative experimental f -values assuming an 800 K ground state excitation
( dashed lines, open circles) and reference values calculated from a combination
of CSE and experimental data ( solid curve).

Temperature calibration

The f -values of b−X(v′, 0) transitions were used to calibrate the ground-state
rotational temperature and N2 column density in the hot cell by comparison
with previously-measured absolutely-calibrated f -values for v′ = 0, 1, 2, and
10 [206, 207]. The resultant values are (6.35±0.64)×1015 cm−2 and 901±26 K,
respectively. The reference data were recorded at room temperature, included
rotational levels as high as J = 23, and themselves have an absolute column
density uncertainty of 10% which is also the dominant systematic uncertainty of
our f -values. The final agreement between the present measurements and the
reference data, shown in Fig. 8.3, is very good despite the factor-of-5 difference
in ground state populations, for example, at J ′ = 20, and provides evidence
for the validity of the temperature calibration.
The c′4−X(0, 1) band appears quite weakly in our spectrum and was analysed
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8.3. Absorption spectra of N2

in order to estimate the vibrational temperature in the hot cell. For this, con-
stant band f -values were assumed over small ranges of most P (J ′′) and R(J ′′)
lines as indicated piecewise in Fig. 8.4. Simulated c′4−X(0, 1) f -values are also
shown, with magnitude calculated from the ratio of c′4−X(0, 0) and c′4−X(0, 1)
f -values deduced by electron-excited fluorescence [216], f(0,0)/f(0,1) = 6.3±0.4,
and an absolute c′4 − X(0, 0) absorption f -value measurement [206]. The
stated uncertainties of the two experimental values used in this comparison are
6% [216] and 10% [206], respectively, although the latter should be neglected
because our experimental column-density is calibrated to the same reference.
We used the CSE model to simulate the significant rotational dependence of
c′4−X(0, 1) f -values and assumed a 900 K distribution of ground-state rovibra-
tional levels. This simulation then correctly reproduced the observed splitting
of P - and R-branch f -values for c′4−X(0, 1) transitions with increasing J ′. This
splitting is also known to occur for the c′4 − X(0, 0) fundamental band [206]
and is the result of a rotational-perturbation of c′4(v′ = 0) by nearby 1Πu lev-
els [194]. Additionally, c′4−X(0, 1) transitions to J ′ = 11, 12, and 13 levels are
significantly weakened relative to their neighbours due to a well-known localised
perturbation by the crossing rotational term series of b′ 1Σ+

u (v′ = 1) [203].

The newly-measured c′4−X(0, 1) f -values are somewhat smaller than the simu-
lated values and an alternative model adopting an 800 K distribution of ground-
state levels leads to the better agreement indicated in Fig. 8.4. This may indi-
cate incomplete thermalisation of the N2 in our experiment leading to a lesser
degree of vibrational excitation than rotational. A similar result is found in
Sec. 8.4 for the CO rotational and vibrational temperatures.

As a final check on the temperature of our sample of N2, the Doppler broadening
in our experiment was measured by reference to lower-J ′ levels of the b−X(1, 0)
absorption band, whose predissociation broadening is known to be below our
resolution limit [204, 210]. We find a kinetic temperature from this of about
930 K, with an uncertainty estimated to be significantly greater than for our
deduced rotational temperature.

Results

Transition wavenumbers for all observed b−X(v′, 0) bands were reduced to term
values using accurate N2 ground-state molecular constants [208]. Term values
for these bands have been deduced previously for rotational levels with J ′ as
high as 36 and with about 0.1 cm−1 uncertainty. Our term values are listed in
Table 8.1 and have statistical uncertainties of around 0.01 cm−1. The absolute
calibration of our experiment was made by comparison of argon resonance
lines appearing in our spectra with the NIST database and has an estimated
uncertainty of 0.04 cm−1.
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8. Hot spectra of CO and N2

Our deduced band f -values are plotted in Fig. 8.3. The decrease of b−X(v′, 0)
f -value with J ′ continues to the highest-excitation lines that we observe and is
in excellent agreement with values predicted by the CSE model. This decrease
is effectively due to a decreasing Franck-Condon overlap of b(v′) and X(0)
vibrational wave functions with increasing centrifugal distortion.
Measured natural linewidths and comparable values from previous photoab-
sorption and resonantly-enhanced photoionisation experiments [202, 205, 206]
are shown in Fig. 8.5. The widths of b(0), b(1), and b(2) averaged over their
J ≤ 5 levels have been previously deduced from laser-based lifetime or linewidth
measurements [202, 204, 205]. The rotationally-resolved J-dependent broad-
ening of b(2) and b(10) levels have been measured in synchrotron-based ex-
periments [206, 207], and an increasing b(1) predissociation width with J ′ has
also been experimentally deduced [217, 218]. Our newly-measured widths show
good agreement with all reference data but with generally reduced scatter. Two
interesting new pieces of information are discussed below.
First, the decreasing b(2) widths are now shown to pass through a minimum
at J ' 28. This complex behaviour is well-reproduced by the CSE model
which includes a mechanism for predissociative line broadening by including
unbound electronic states amongst its coupled channels [210, 211]. The critical
interactions in this case are the spin-orbit coupling of b(2) with vibrationally-
bound levels of the C 3Πu state and their subsequent electronic interaction
with the unbound continuum of the C ′ 3Πu state. The dominant perturber of
b(2) is the C(8) level which lies only 100 cm−1 lower in energy and has been
previously identified in a photoabsorption spectrum [219] and found to have
a linewidth of 18 cm−1 for J ′ less than about 10, despite the nominally spin-
forbidden nature of this transition. All other bound 3Πu states are too remote
in energy to contribute significantly to the predissociation of b(2) [212] and the
observed J ′-dependence of its widths must then closely scale with the broader
widths of C(8).
Second, there is a sharp peak in the linewidths of b(10) shown in Fig. 8.5.
Increasing widths beginning around J ′ = 15 were known from a poorer signal-
to-noise-ratio room-temperature spectrum [207], but are now better resolved
and to higher-J ′. There is also a perturbation of b(10) rotational energy levels
near J ′ = 19, as shown in Fig. 8.6 as a 0.8 cm−1 deflection of its reduced term
values. The localised perturbation of b(10) energies and widths indicates a level
crossing with a predissociation-broadened level of 3Πu symmetry, as is known
to occur elsewhere in the N2 spectrum [219].
One candidate for the role of b(10) perturber is the v′ = 16 level of the C 3Πu

state, which has been observed for J ′ ≤ 10 [219] and has a band origin only
80 cm−1 below that of b(10). However, a rotational constant calculated from
the observed C(16) levels, 1.153 cm−1 [212], is too low to cross the b(10) term
series where the observed perturbation peaks at J ' 18. Alternatively, the
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Figure 8.5 – (Color online) Natural linewidths of e- and f -parity excited-state
levels accessed in our experiment as a function of their angular-momentum
quantum number, J ′, and with 1σ random fitting uncertainties ( circles with
error bars). Some linewidths were analysed assuming J ′-independent ranges
( horizontal error bars). Also shown are previously-measured linewidths [202,
204, 205, 206, 207] ( yellow lines and crosses), and linewidths calculated by the
CSE model ( solid black curves) and a two-level local interaction model ( dashed
black curve).
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Figure 8.6 – Experimental f -parity term values of b(10) reduced by the sub-
traction of a cubic polynomial of best fit in terms of J ′(J ′ + 1) ( circles). Also
shown are reduced term values from the b(10)/3Πu interaction model ( curve).

v = 2 level of the G 3Πu state has been observed [220] to lie nearby, 340 cm−1

below b(10), and undoubtedly has a larger rotational constant more charac-
teristic of N2 Rydberg levels, about 1.9 cm−1. A crossing between G(2) and
b(10) is then conceivable. The observed widths of C(16) for J ′ ≤ 10 are less
than 0.5 cm−1 FWHM, whereas G(2) is predicted to be much broader, about
90 cm−1 FWHM, by the CSE model of Lewis et al. [212].

To analyse the width and term value perturbation of b(10) further we defined
a two-level model of b(10) interacting by the spin-orbit operator with a 3Πu

level (including all triplet sublevels) and optimised its various parameters to
match our experimental data. This was done in an identical fashion to similar
deperturbations of N2

3Πu/1Πu interactions by Lewis et al. [219]. Comparisons
of experimental widths and reduced term values with this model are shown in
Figs. 8.5 and 8.6 and find overall good agreement when adopting a 3Πu state
with a term origin of approximately 108 150 cm−1, a rotational constant of
1.6 cm−1, and a spin-orbit splitting of 30 cm−1 (where the sign of the latter is
unconstrained). Two further model parameters are the strength of the b(10)
and 3Πu spin-orbit interaction, 7 cm−1, and the deperturbed predissociation
widths of 3Πu levels. Good agreement could only be found when assuming
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8.4. Absorption spectra of CO A1Π−X1Σ+ (0,0) and (1,0) bands
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Figure 8.7 – (Color online) Overview spectrum of the CO A1Π−X1Σ+ system
including (0,0), (1,0), and (2,0) bands, and some hot bands. The top panel
shows the spectrum which is measured at room temperature (300 K). In the
bottom panel is the hot spectrum (900 K). The sharp absorption line in the
upper spectrum at 68045.156 cm−1 is a xenon resonance line.

the latter increases linearly in term of J ′(J ′ + 1) from 20 cm−1 at J ′ = 18,
to 60 cm−1 at J ′ = 29. All of these deduced values are intermediate between
those known or predicted for C(16) and G(2), [212, 219, 220], indicating that
the perturber of b(10) is an electronic admixture of the C 3Πu and G 3Πu states.
Indeed, the coupled-channels model of Lewis et al. [212] predicts this, as well
as a further significant admixture of the F 3Πu Rydberg state into the nominal
C(16) and G(2) levels.

8.4 Absorption spectra of CO A1Π−X1Σ+ (0,0) and
(1,0) bands

The novel hot cell configuration was employed for the further investigation of
the A1Π−X1Σ+ system of CO for the lowest vibrational bands in the excited
state. Figure 8.7 shows an overview spectrum of some bands recorded at 300
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8. Hot spectra of CO and N2

Table 8.2 – Observed high-J transition frequencies (in vacuum cm−1) of the
CO A1Π − X1Σ+(0,0) and (1,0) bands obtained with the hot cell. Lower-J
transitions are listed in Ref. [188]. The estimated uncertainty (1σ) is 0.02 cm−1

except for weak or blended lines.

A1Π −X1Σ+(0,0) A1Π −X1Σ+(1,0)
J ′′ R(J) Q(J) P(J) J ′′ R(J) Q(J) P(J)

17 64589.64 21 66140.33 66005.05
18 64583.37 22 66128.24 65986.78
19 64689.77 64566.32 23 66115.44 65967.83
20 64679.86 64549.58 24 66101.66 66023.95 65948.17
21 64669.38 64532.53 25 66091.32 66006.31 65927.76
22 64658.26 64584.85 64515.00 26 66074.03 65989.04 65906.37
23 64646.44 64570.02 64496.90 27 66058.34 65970.28 65888.43
24 64634.07 64554.44 64478.17 28 66042.09 65950.94 65863.57
25 64620.76 64538.20 64458.80 29 66025.18 65929.54 65840.31
26 64604.44 64521.15 64438.67 30 66007.60 65910.53 65816.49
27 64593.32 64501.07 64417.88 31 65989.33 65889.04 65792.02
28 64577.54 64486.13 64393.98 32 65970.28 65866.89 65766.89
29 64559.78 64466.58 64375.28 33 65950.64 65843.98 65741.06
30 64551.43 64445.05 64351.94 34 65930.24 65819.92 65714.55
31 64531.64 64432.91 64326.63 35 65909.14 65798.34 65687.33
32 64512.56 64409.35 64310.71 36 65887.33 65772.41 65659.43
33 64490.76 64386.49 64283.40 37 65864.79 65746.65 65630.83
34 64481.53 64360.95 64256.77 38 65841.53 65720.29 65601.52
35 64459.85 64347.94 64227.48 39 65817.50 65693.27 65571.51
36 64438.85 64322.50 64210.71 40 65793.18 65665.55 65540.79
37 64297.87 64181.54 41 65767.61 65637.11 65509.30
38 64396.16 64272.94 64153.19 42 65741.50 65607.95 65477.54
39 64373.87 64248.16 64124.55 43 65714.55 65577.99 65444.54
40 64350.93 64221.59 64095.36 44 65686.94 65548.84 65410.97
41 64327.65 64194.95 64065.55 45 65658.53 65516.48 65376.69
42 64303.14 64167.66 64035.39 46 65628.96 65484.32 65341.67
43 64278.62 64139.56 64004.55 47 65600.90 65451.21 65305.83
44 64253.03 64111.24 63972.67 48 65569.47 65418.96 65268.92
45 64226.85 64081.88 63940.64 49 65537.24 65383.97
46 64199.92 64052.09 63907.71 50 65348.14
47 64172.37 51 65318.08
48 63989.48 52 65277.96
51 63892.98 53 65402.39
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Figure 8.8 – (Color online) The spectrum of the CO A1Π − X1Σ+ system in the range 63 700 – 64 900 cm−1

measured using the hot cell in combination with the FTS-VUV. Rotational lines in the A−X (0, 0) and (1, 1) bands
are assigned by the sticks. Transitions to the e3Σ− perturber state are also assigned. The slope on the background
continuum is due to the spectral profile of the undulator emission.
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8. Hot spectra of CO and N2

K and 900 K. With the higher gas temperature, the rotational envelope of
each band includes higher J-quantum numbers and hot bands appear that
originate from X1Σ+(v′′ = 1). Figure 8.8 displays a more detailed spectrum
of the (0, 0) and (1, 1) bands of the A1Π − X1Σ+ system of CO. Note that
the strongest transitions in Figs. 8.7 and 8.8 are saturated. A number of
spectra were recorded at various gas densities so that transition frequencies
for all lines could be analysed in unsaturated recordings. The observed high-J
transition frequencies in the A1Π −X1Σ+(0, 0) and (1, 0) bands are collected
in Table 8.2. While in a previous room temperature study of the same bands
their rotational progression could be followed up to J = 21 and J = 23,
respectively [188], the present spectrum reveals lines up to J = 51 and J = 53
for the two bands. Accurate transition frequencies for low-J transitions were
already given in Ref. [188].
In the observed region, between 63 500−67 500 cm−1, many lines were observed
that excite perturber states of the A1Π (v = 0) and (v = 1) levels, and are
examined in the present study. Lines pertaining to the e3Σ− − X1Σ+ (1,0)
band, clearly visible in Fig. 8.8, are listed in Table 8.3. Data for the e3Σ− −
X1Σ+ (1,0) band had previously been reported by Simmons and Tilford [169]
and, at higher accuracy and also up to J = 22, by Lefloch et al. [151]. On
average the data are offset by 0.04 cm−1with respect to present values, which
is within the error margins claimed in Ref. [151]. Term values of the e3Σ−

(v = 1) level can also be obtained via measurement of lines in the B1Σ+−e3Σ−

system, with observations of the (0,1) band [221] at accuracies in the range
0.001−0.02 cm−1 combined with the measurements of the B1Σ+−X1Σ+(0,0)
band, accurate at 0.003 cm−1 [222]. In comparison with the present data set
the overall offset on the term values is within 0.015 cm−1, which is well within
the quoted uncertainties.
Observed lines associated with the d3∆−X1Σ+ system are listed in Table 8.4
for the (4,0) band, observed for rotational angular momenta of J = 26 − 36,
and in Table 8.5 for the (5,0) band, with observation of J = 0−17. In an inves-
tigation by Herzberg et al. [168] rotational levels up to J = 22 were observed
in both bands at low accuracy. The observations in the d3∆−X1Σ+(4,0) band
were superseded by those of Lefloch et al. [151] at higher accuracy. Comparison
with the latter and the present data set yields agreement within 0.04 cm−1,
hence within the quoted error margin of 0.06 cm−1 in Ref. [151].
The d3∆−X1Σ+(5,0) band had been investigated by VUV laser-induced flu-
orescence measurements [223]. Accurate data on this band were also reported
from classical spectroscopic studies by Lefloch [152]; for this set the agreement
with the present data is within 0.02 cm−1. The d3∆ (v = 5) levels were also
observed in emission in the B1Σ+− d3∆(0,5) band [221]. In the present study
the F1 and F2 fine structure components in the d3∆ state were observed, while
in the study of Choe et al. [221] the F3 components were seen as a result of
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8.4. Absorption spectra of CO A1Π−X1Σ+ (0,0) and (1,0) bands

Table 8.3 – Observed transition frequencies (in vacuum cm−1) of the CO
e3Σ− −X1Σ+(1,0) band obtained with the hot cell. The estimated uncertainty
(1σ) is 0.02 cm−1 except for weak or blended lines.

F1 F2 F3

J ′′ QR(J) OP(J) QQ(J) SR(J) QP(J)

2 64798.89
3 64794.01 64794.98
4 64789.71 64788.84
5 64759.37 64783.15 64782.45
6 64811.33 64775.34 64774.92 64746.55
7 64807.10 64764.30 64766.22 64766.60 64732.49
8 64801.53 64755.89 64758.41 64717.25
9 64741.55 64744.31 64794.65 64701.25
10 64726.00 64731.92 64786.42 64685.41
11 64656.88 64718.79 64776.94 64713.88
12 64696.16 64637.39 64705.72 64698.09
13 64679.05 64615.71 64674.65 64754.31 64680.93
14 64592.43 64658.00 64662.50
15 64567.68 64639.20 64728.76 64642.97
16 64618.52 64703.94 64622.54
17 64596.30 64688.01 64602.10
18 64572.61 64569.64
19 64547.41 64545.95
20 64520.00
21 64493.11 64492.39
22 64463.22

different intensity borrowing, In addition two lines in the d3∆ − X1Σ+(5,1)
band were observed and listed in Table 8.6.

Additional lines observed were assigned to the D1∆ − X1Σ+(1,0) band, the
I1Σ− − X1Σ+(2,0) band, and the a′3Σ+ − X1Σ+(9,0) band, and listed in
Table 8.6. Some of these transitions probing perturber states were observed
previously by Lefloch et al. [151, 152], although not all, and at a lower accuracy
of 0.06 cm−1. Herzberg et al. observed states up to J = 22 in the I1Σ− −
X1Σ+(2,0) band [179]. Despite the fact that information on the intermediate
J-levels is missing, an unambiguous assignment of the transitions originating
in J = 34−35 could nevertheless be made based on the perturbation patterns.
The same holds for the newly observed lines in the D1∆ − X1Σ+(1,0) band,
for which rotational lines up to J = 17 were observed in the past [178], and for
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8. Hot spectra of CO and N2

Table 8.4 – Observed transition frequencies (in vacuum cm−1) of the CO
d3∆ −X1Σ+(4,0) band obtained with the hot cell. The estimated uncertainty
(1σ) is 0.02 cm−1 except for weak or blended lines.

F1 F2 F3

J′′ R(J) Q(J) P(J) R(J) Q(J) P(J) Q(J)

26 64610.70 64544.08
27 64507.33
28 64400.24
29 64579.94 64504.55
30 64532.81 64465.22 64389.87
31 64495.05 64414.40 64346.77
32 64372.81 64292.14 64464.02
33 64510.13 64421.74
34 64458.06 64380.33
35 64324.46 64246.83
36 64187.21

Table 8.5 – Observed transition frequencies (in vacuum cm−1) of the CO
d3∆ −X1Σ+(5,0) band obtained with the hot cell. The estimated uncertainty
(1σ) is 0.02 cm−1 except for weak or blended lines.

F1 F2

J′′ R(J) Q(J) P(J) R(J) Q(J) P(J)

0 66210.18
1 66211.77
2 66176.59 66212.17 66204.04 66198.61
3 66174.74 66211.19 66200.58
4 66171.62 66149.75 66209.16 66195.87 66185.22
5 66140.16 66189.94
6 66160.90 66143.98 66201.11 66182.70 66166.87
7 66116.88 66195.03 66174.17 66155.80
8 66187.68 66164.30 66143.38
9 66178.92 66153.03 66129.72
10 66095.82 66168.86 66140.42 66114.67
11 66053.23 66157.25 66126.61 66098.22
12 66144.58 66111.32 66080.43
13 66130.29 66094.65 66061.40
14 66114.67 66076.58 66040.93
15 66097.74 66057.17 66019.02
16 66036.44 65995.79
17 66014.27 65971.17
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Table 8.6 – Observed transition frequencies (in vacuum cm−1) of other CO
electronic-vibrational bands obtained with the hot cell. The estimated uncer-
tainty (1σ) is 0.02 cm−1 except for weak or blended lines.

D1∆ −X1Σ+(1,0)

P P(26) 65916.49
P P(27) 65875.99
QQ(24) 66050.52
QQ(25) 66016.10
QQ(26) 65979.36
RR(25) 66078.85
RR(27) 66011.16

a′3Σ+ −X1Σ+(9,0)

P Q1(39) 64245.88

d3∆ −X1Σ+(5,1)

RQ31(3) 64057.44
RQ31(4) 64052.92

I1Σ− −X1Σ+(2,0)

QQ(34) 65837.46
QQ(35) 65785.95

which new lines originating from J = 24− 26 are found.

A reiteration of a previous deperturbation analysis for the A1Π (v = 0) and
(v = 1) states [188] is performed including the additional data points for
high-J levels. A comprehensive fit was performed based on the diagonalisa-
tion of a series of matrices containing J-dependent deperturbed energy levels
and interaction energies of multiple states. The entire set of experimental
A1Π − X1Σ+(0,0) and (1,0) lines were reproduced and all lines exciting per-
turber states. The form of these perturbation matrices is kept the same as
that defined in Table 6 of Ref. [188], keeping the same labels for the parame-
ters. For the A1Π states, the Tv and B parameters are fixed to the previous
work [188], because these parameters are predominantly determined by the
low-J transition frequencies. Most of the molecular constants resulting from
this procedure did not undergo a significant change except for the values per-
taining to the states D1∆(v = 1) and d3∆(v = 4). These values are listed
in Table 8.7. The main difference for the d3∆ state entails the inclusion of a
quartic centrifugal distortion D and a spin-spin coupling constant, λ. Values
for the D1∆ state were previously kept constant but are now optimized in the
present fit.

The rotational temperature Trot = 927±20 K is determined by fitting the tran-
sition intensities of transitions with different J–quantum numbers, assuming
a Boltzmann distribution of ground state populations. This fitting considers
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Table 8.7 – The updated molecular constants for the A1Π (v = 0) and (v =
1) states of 12C16O and the perturber states d3∆ (v = 4) and D1∆ (v =
1) following from the perturbation analysis. In cases where an uncertainty is
specified in () parentheses the value was determined from the fit; in cases where
this is not specified a value was taken from literature. For the A1Π states, the Tv
and B parameters are fixed to the previous work [188], because these parameters
are predominantly determined by the low-J transition frequencies. All values
in vacuum cm−1.

A1Π(v = 0) A1Π(v = 1)

Tv 64746.762 Tv 66228.801
B 1.604069 B 1.58126
q (×105) 1.4 (4) q (×105) -2.5 (4)
D (×106) 7.352 (5) D (×106) 7.438 (4)
H (×1012) -8 (2) H (×1012) -15 (1)

d3∆(v = 4) D1∆(v = 1)

Tv 65101.90 (3) Tv 66462.11 (9)
B 1.23381 (8) B 1.2373 (3)
A -16.52 (1)
λ 1.15 (3)
γ (×103) -8.54
D (×106) 6.80 (6) D (×106) 8.8 (4)
H (×1012) -0.8 H (×1012) -0.3
AD (×104) -1
η0 -21.72 (1) ξ0 0.040
η1 ξ1 0.077 (1)

perturber states borrowing intensity from the A1Π-X1Σ+transitions. The vi-
brational temperature, Tvib ∼ 845 K, is calculated by comparing the intensities
of the strong A1Π −X1Σ+(1, 0) band and the weak (1, 1) hot band. For this
analysis pressure saturation effects must be considered that prevent a direct
comparison of intensities of these two vibrational bands with very different
cross sections. Instead, spectra recorded at different column densities are used,
also involving a comparison with the A1Π −X1Σ+(0,0) band of intermediate
strength. Further, Franck-Condon factors of the (1, 0) and (1, 1) vibrational
transitions must be considered, which are taken from Ref. [192]. The kinetic
temperature, associated with Doppler broadening, is determined at Tkin ∼ 900
K.
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8.5 Conclusion

Vacuum-ultraviolet photoabsorption spectra of N2 and CO were recorded at
930 K using a heated free-flowing gas cell and the Fourier-transform spec-
trometer end station of the DESIRS beamline at the SOLEIL synchrotron.
This novel setup allowed for the measurement of rotational transitions with
angular-momentum quantum numbers, J ′, as high as 51 and also from the
first excited ground state vibrational level, which is well beyond the limit of
room-temperature experiments. The high-resolution spectrometer permitted
quantification of rotationally-resolved transition energies, f -values, and predis-
sociation broadening for many vibrational bands.

In CO, we deduce new high-J ′ level energies for the upper states of the A 1Π−
X 1Σ+(v′, v′′ = 0) bands with v′ = 0 and 1, as well as observe new forbidden
transitions to levels of the e 3Σ−, d 3∆, D 1∆ and a′ 3Σ+ states. The forbidden
transitions appear due to intensity-borrowing from the A −X bands and the
new data permitted an improved estimate of molecular parameters describing
the forbidden levels and their perturbing interactions.

We measure new level energies, f -values, and predissociation linewidths of the
N2 bands b 1Πu − X 1Σ+

u (v′, v′′ = 0) for v′ = 0, 1, 2, and 10. These verify
the high-J ′ predictions of a CSE model which was constructed with respect to
room-temperature experimental data. This validates the use of photodissocia-
tion cross sections calculated from this model in atmospheric or astrophysical
applications at high temperatures. No forbidden levels are observed for the
case of N2. Instead, the J ′-dependent widths of b(v′) provide new indirect
information on an interacting dissociative manifold of 3Π levels. The analysis
of perturbed b(10) level energies and linewidths permitted the characterisation
of its level crossing with a 3Πu level of mixed electronic character.

There is some indication that for both target molecules the rotational and vi-
brational temperatures are not identical, 930 and 800–845 K, respectively. The
incomplete equilibration of vibrational and rotational excitation will not af-
fect our conclusions regarding the perturbation of high J ′ levels but introduces
uncertainty into any determination of hot-band absolute f -values.

The present measurements of high-temperature cross sections and line lists have
a direct application to the study of astrophysical environments and planetary
atmospheres. It also provides detailed extra information on the underlying elec-
tronic states of the molecules and their non-Born-Oppenheimer interactions.
This information, when incorporated with the larger experimental record, is
necessary for constraining predictive models of the photoabsorbing and disso-
ciating excited states; and will allow for improvements to the N2 CSE model,
and similar theoretical developments for the case of CO.
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结结结论论论

本论文主要利用激光高分辨Doppler-free光谱仪和同步辐射真空紫外傅里叶
光谱仪测量与天文相关分子（一氧化碳和氢气）的高精度振动转动光谱。
测量工作分别在阿姆斯特丹自由大学激光实验室和法国巴黎SOLEIL同步辐
射DESIRS光束站完成。 希望将来把这些实验光谱与具有足够精度的天文光谱
进行比较,推测出“质子-电子质量比”这一物理学常量是否在宇宙时间尺度上发
生变化。另外，为宇宙中除公认的四大相互作用——”第五力”的存在范围提供
实验依据，从而进一步为理论物理学家，是否需要打破”标准模型”，提出全新
的物理学理论提供实验基础。

第一章：简介，描述了高精度实验光谱技术的背景和其与天文化学的紧密
联系、一氧化碳与氢气的研究现状，以及实验与理论相互促进对物理理论发展
的贡献。

第二章：采用高精度光谱研究氢气，氢化氘和氘气电子基态X1Σ+
g上的

v = 0 → 1(J = 0 − 2)的振转动分裂,检验了量子电动力学理论在分子模拟计
算中的影响。本实验利用窄带宽的Titanium:Sapphire脉冲激光系统测量电子
基态X1Σ+

g到电子激发态EF
1Σ+

g的双光子跃迁能量，实验的绝对实验精度达

到2 × 10−14 cm−1。结合之前精确测量的EF 1Σ+
g态v = 0振转能级，间接获得

电子基态的振转动能级分裂。实验结果与理论计算结果高度一致，验证了量子
电动力学对分子能级计算的精确矫正，同时推测出了第五力的存在范围。

第三章：在第二章的基础上，我们把实验推广到对氢气电子基态的高
振动激发态的测量。我们采用光解离硫化氢分子制备高振动态激发的氢气
分子。通过激光高分辨Doppler-free光谱实验方法间接地测量了氢气电子基
态v = 12, J = 0− 3的振转能级，实验精度达到3.5 × 10−3 cm−1。实验结果与
理论计算十分吻合，首次验证了在高振动激发态上量子电动力学的精确性。

第四章：通过对一氧化碳A1Π − X1Σ+谱带探测，研究”质子——电子质
量比”µ在宇宙空间和时间尺度上的演化。我们采用了两种不同的光谱技术, 首
先利用真空紫外傅里叶吸收光谱，测量了一氧化碳A1Π − X1Σ+(v, 0)，v =
0 − 9谱带的振转跃迁频率，相对实验精度达到1.5 × 10−7；然后，利用双光
子Doppler-free激光光谱，测量了A1Π −X1Σ+(0, 0)和(1, 0)谱带的部分振转跃
迁频率，相对精度达到3 × 10−8。这些结果为获得质子电子质量比提供了零红
移的数据。 此外，为了获得µ值可能的变化，我们利用被测光谱的频率精确计
算了一氧化碳A1Π−X1Σ+谱带的敏感系数Kµ。

第五章：报道了对一氧化碳A1Π − X1Σ+(0, 0)和(1, 0)谱带的扰动分析。
我们的工作基于绝对精度分别为0.01-0.02 cm−1和0.002 cm−1的真空紫外傅里
叶吸收光谱和双光子Doppler-free激光光谱实验数据。由于在分析中加入大量
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扰动态的影响，扰动分析结果得到了很大提高，获得了更加精确的一氧化碳电
子激发态A1Π，v = 0, 1态的转动常数。
第六章：利用双光子Doppler-free激光光谱测量了一氧化碳电子激发态

A1Π到基态X1Σ+态(2, 0)、(3, 0)和(4, 0)谱带的振转跃迁频率。 实验采用了2 +
1′ 多光子共振增强电离技术、Sagnac干涉技术、脉冲激光频率偏移测量技术
（frequency-chirp） 和交流电场斯塔克效应纠正技术等多种方法大幅提高了测
量精度，使其绝对实验精度达到1.6 × 10−3 cm−1。 这些结果为第六章同步辐
射实验数据提供了更加精确的校准。
第七章：基于第五章的激光实验结果，校准了在同步辐射利用真空紫外傅

里叶吸收光谱实验测得的一氧化碳电子激发态A1Π到基态X1Σ+(2, 0)、(3, 0)
和(4, 0)谱带的振转跃迁频率。利用这两组实验结果对一氧化碳电子激发
态A1Π态v = 2, 3, 4振动态进行解扰动分析，获得了更加详细、准确的一氧
化碳电子激发态A1Π态与多个单重态、三重态之间相互作用，同时得到了更
加准确的一氧化碳电子激发态A1Π态(2, 0)、(3, 0)和(4, 0)振动态的分子转动常
数。
第八章：利用法国巴黎SOLEIL同步辐射DESIRS光束线上新安装在傅里

叶变换光谱仪上的样品池，我们测量了在900 K条件下的氮气和一氧化碳的真
空紫外吸收光谱。利用这台仪器可以测量分子高转动态布局的跃迁频率，从而
扩展常温吸收光谱的研究范围，获得更加准确的扰动分析结果。
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